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HUGNG DAN GIAI DE GIUA HOC Ki 1 - DE SO 5

PHAN 1. TRAC NGHIEM
Ciu 1 2 3 4 5 6 7 8
Papsn B B C B A D D A
PHAN II. TU LUAN
Bai 1.
2 2
a) (3x—2) —(x—4) =0
(3x—2—x+4)(3x—2+x—4)=0
(2x+2)(4x—6)=0
2x+2=0 hodc 4x—-6=0
x=-1 hodc x=é
z 3
Vay nghiém cta phuong trinh la x =-1 va x==.
x+4 x-4 80 %
x-4 x+4 x*-16
(x+4)’ (x-4)’

b) (x # i4)

(x—4)(x+4) (x—4)(x+4) (x—4)(x+4)
(x+4)" —(x—4)" =80

3 +8x+16—(x* ~8x+16) =80

x* +8x+16—x> +8x—-16=80

16x =80

x=5 (tm)

Vay nghiém cua phuong trinh 1a x=35.

2x-3y=-5
x+3y=11

3x=6
x+3y=11

x=2
{y =3
Vay nghiém cta hé phuong trinh 1a cgp sé (2;3).
Bai 2.
2x—-1_4x+2

>
3 5

5.(2x-1) S 3.(4x+2)
15 15
5(2x-1)>3(4x+2)

10x-5>12x+6
10x-12x>6+5
-2x2>11

a)




x < —H
2
b) Tbdng chi phi ¢b dinh trong 1 ndm (12 thang) 1a 50000000.12 = 600000000 (ddng)
Goi x 1a s dbi gidy trung binh ctra hang ban dugc trong mdi thang (d6i, x e N*).
Téng doanh thu trong 1 nam 1a 12x.200000=2400000x (ddng)
Loi nhun sau 1 nam 1a 2400000x — 600000000 (dong)
Dé sau mot nam loi nhuan it nhat 360 000 000 thi
2400000x — 600000000 = 360000000
2400000x > 960000000
x =400
Vay trung binh m&i thang cira hang phai ban duoc it nhat 400 d6i gidy moi dat muc tiéu.
Bai 3.
Goi x,y lan luot 1a chiéu dai, chidu rong cua manh vuon (m, x>0,y >0).
Vi chu vi manh vuon 1a 34 m nén ta ¢6 phuong trinh x+ y =17 (1)
Néu tang chiéu dai thém 3 m va ting chiéu rong thém 2 m thi dién tich ting thém 45 m? nén ta co
phuong trinh (x+3)(y+2)=xy+45 hay 2x+3y=39(2)
. ) . x+y=17
Tu (1), (2) ta ¢6 hé¢ phuong trinh .
2x+3y =39
Giai h¢ phuong trinh ta duge x =12 (tm), y =5 (tm). 4
Vay chiéu dai manh vuon 1a 12 m, chiéu rong manh vuon 1a 5 m.
Bai 4. AR
Do dai thang may tir ting 1 1én ting 2 1a doan 4B . 5o
z . . . AH AH 4,2
Xét AAHB vudng tai H tacd sinB="—— suyra AB=——=— (m) B H
AB sinB  sin35°
Vi thang méy c6 toc d6 1a 0,65 m/s nén thoi gian dé mot nguoi di chuyén tir tang 1 1én ting 2 bang
. 4,2
thang cuon la: = 2 ~11,3 (gidy). B
e 0,65 0,655m3se > E)
Bai S. D H
a) Xét AABC vudngtai 4, ta co:
AC =+BC* - 4B* =\[10>-6> =8
cosABC = % suy ra ABC ~53°
— — A E c
ACB =90° — ABC =90° —53° ~37°
2
b) Xét AAHB vuodng tai H taco sinB = Al hay sin’ B = (£] .
AB AB
AABC vudng tai 4 nén B+C =90° dodé cosB=sinC , suy ra cos’B=sin’C .

AC
2 2 2 2

Do d6 SABC.sin2B.cosszl.AB.AC.AH AR _1 AHT AH (1)
2 AC?> A4B*> 2 AC 4B

Xét AADH vudngtai D va AAHB vudng tai H co BAH chung nén AADH ddng dang véi AAHB suy

ra 22 _AH 4, 46 aH? = AD.4B (2)
AH 4B

. . AH . :
Xét AAHC vuong tai H taco sinC = Vil suy ra sin® C = (AHJ .

©)



Ching minh tuong tw ta c6 AH* = AE.AC(3)

Tir (1), (2) va (3) ta co

1 AH? AH? 1 AE.AC AD.AB 1
S ync.sin* B.cos’B = —. ) =—, ) =—AD.AE=S dpem
4BC 2 AC 4B 2 AC 4B 2 ap (dpem)

Bai 6.
Diéu kién 0 < x <20, d6i2m = 200 cm.
Thé tich cila mang nudc 14 ¥ = x.(40—2x).200 = (~2x +40x) 200 (cm’)
Do d6 thé tich mang nude 16n nhit khi —2x? +40x dat gia tri 16n nhat.
Taco —2x" +40v = -2(x? ~20x) = -2[ (x~10)° =100 | =—2(x ~10)? +200 < 200 v
Dau bang xay ra khi x—10=0 hay x =10 (tm).

Vay chiéu cao ciia mang nudc 1a x =10 cm thi thé tich mang nudc 14 16n nhat.

HUGNG DAN GIAI DE GITA HOCKi1-DE SO 6

PHAN I. TRAC NGHIEM
Cau 1 2 3 4 5 6 7 8
Pap an D D A D C C B C

PHAN IL. TU' LUAN

Bai 1.

a) (x+4)(3x—2):O
x+4=0 hay 3x-2=0

2
x=-4 hay x==
A

3 X x% +8x

b) 1= = )
x=2 x+2 (x-2)(x+2)

Diéu kién xac dinh: x#2 va x#-2.

3(x+2)+x(x—2)=x>+8x
3x+6+x" —2x=x* +8x
3x+6+x>—2x—x*—8x=0
—7x+6=0

6
x =— (nhan
7( an)

Vay phuong trinh c6 nghiém x = g .

{4x—3y =9
c




x=3
y=1

x=3
Vay hé phuong trinh ¢6 nghiém: {

Bai 2.
a) Giai bat phuong trinh: 3x—6>0
3x>6
x>2
b) Bét phuong trinh biéu dién theo x la:
8000 - x +35000+ 20000 < 200 000
8000x +55 000 <200 000
Bai 3.
Goi x (ddng) 1a gia ciia mit hang A, y (ddng) 1a gia ciia mat hang B (diéu kién: x,y > 0).
Néu ting gi4 mat hang A thém 10% va mit hang B thém 20% thi ngudi d6 phai tra 232 000, thi ta c6
phuong trinh:
110%x +120%y = 232 000
Néu giam gi4 ca hai mat hang 12 10% thi nguoi d6 phai tra tit ca 180 000 , thi ta c6 phwong trinh:
90%x +90%y =180 000
Vay ta c6 hé phuong trinh:

110%x +120%y =232 000
90%x +90%y =180 000

x =80 000
3 =120 000

Vay gia cia mit hang A 1a 80 000 dong, mit hang B 1a 120 000 dong.
Bai 4.

AB : 1a quang duong bay

BH :1a d6 cao may bay

A : 1a goc tao boi dudng bay voi mit dét

] 1
béi 1,2 phut = — gio.
p 50 g

Quang duong bay AB la: 300-% =6 (km) =6000 (m)

Xét AABH vuodngtai H ,ta co:
sin 4 = BH
AB
Suy ra BH = AB-sin A =6 000-sin 22° = 2248 (m)
Vay d6 cao may bay dat duoc khoang 2248 (m) .

®



Bai 5.
a) Xét AABC vudngtai A4,tacod
BC? = AB?+4C? (Dinh li Pythagore)
BC? =10%+24* =676
BC =676 =26 (cm)
sin B = AC = 24 = 12
BC 26 13
b) Xét AABH va ACBA co:
AHB = BAC =90°
4BC 1 g6c chung

Viy AABH < ACBA (g - g)

Suy ra AB _BH 46 4B® = BH.BC.
CB BA

Xét AABH va ACAH cé:
AHB = CHA = 90°
ABH = CAH (cung phy ﬁ)
Vay AABH «~ ACAH (g - g).
Suy ra AH _BH 446 aH? = BH-CH .
CH AH
¢) Goi K lagiao diém cia AC va HE .
Vi AABH v ACAH (cmt)
AB _ BH
C4A AH
248 _ BH_

A Ly
2

Nén

BE _ BH

CA  AM

Xét ABHE va AAMC co:

EBH = CAM (cung phy A/@)

BE _ BH

CA  AM

Vay ABHE « AAMC (c-g-c¢)

Nén ACM = BEH

Lai 6 CKN = AKE (2 gbe dbi dinh)

Nén ACM +CKN = BEH + AKE
ACM +CKN =90° (Vi: BEH + AKE =90°, do AAEK vudng tai A)

Hay CNK = 90°

Vay CM L HE tai N .

®



HUGNG DAN GIAI DE GIUA HOC Ki 1 - DE S0 7

PHAN 1. TRAC NGHIEM
Cau 1 2 3 4 5 6 7 8
Pap an D A B B D C C A
PHAN II. TU LUAN
Bai 1.
a) x>—16=3x(x—4)
(x—4(x+4)-3x(x-4)=0
(x—-4)(x+4-3x)=0
(x—4)(2x+4)=0
x—4=0 hay -2x+4=0
x=4 hay x=2
Vay phuong trinh c6 nghiém la x =4;x =2.
2 . 4 _ Tx-4
x+3 x-5 (x+3)(x-5)
2(x=5)+4(x+3)  Tx-4
(x+3)(x=5)  (x+3)(x-5)
2x-10+4x+12=7Tx-4
2x+4x—Tx=-4+10-12
-x=-06
x=6 (n)
Vay phuong trinh ¢6 nghiém la x = 6.

x-3y=-1
©)
-x+y=5

—2y=4
{—x+y=5
y=4:(-2)=-2
{—x+(—2)=5

b) (PKXD: x#-3;x#5)

Vay hé phuong trinh c6 nghi¢ém la (-7;-2).

Bai 2.

a) 8x+17-3(2x+3)<10(2-x)
8x+17-6x-9<20-10x
8x—6x+10x<20-17+9

12x < 12

x < 1
Vay bét phuong trinh c6 nghiém 1a x<1.

b) Goi x 12 sb cau tra 161 ding cia Toan (x e N*)

)

SO cau tra 101 sai cuia Toan 1a 25—x .



Theo d8, ta c6 bt phuong trinh: 4x—1.(25—x)>82 nén x > 21,4

Vay ban Toan tra 10i dung it nhat 21+1= 22 céu.

Bai 3.

Goi x,y (ddng) 1an luot 1a gia niém yét ciia mot quat dién va mot ban i (0 < x; y < 900000)
Téng sb tién theo gia niém yét ctia hai san pham 1a 900000 ddng, nén ta c6 phuong trinh:
X+y=900000 (1)
Téng sb tién cua hai san pham sau khi giam gia 1a 780000 ddng, nén ta c6 phuong trinh:
(100% —15%)x + (100% —10%) y = 780000 hay 0,85x+0,9y =780000 (2)
. . . x+y=900000

Tu (1), (2) ta dugc hé phuong trinh

0,85x+0,9y =780000

. x = 600000
Giai h¢ phuong trinh trén ta dugc (nhan).
¥ =300000

Vay gi4 niém yét ciia mot cai quat dién 1a 600000 dong va cai ban i 1a 300000 dong.

Bai 4.

Bai S.

a)

b)

Xét AACD vudng tai C c6: AC = DC-cot28° (1)
Xét ABCD vudng tai C c6: BC = DC-cot40° (2)
Liy (1)—(2), ta dugc:

AB = AC - BC = DC-(cot 28° —cot40°)

Suy ra DC =50: L 1 ~73m
tan28° tan40°

Vay chiéu cao ciia ngon hai dang khoang 73 m.

Xét AADC vudng tai D co
AC? = 4D? + DC? (dinh li Pythagore)

AC =+9% +122 =15 cm.

Lai co: Sy pe =%DH-AC=%AD-DC suyra DH-AC = AD-DC (*)

Thé AD =9 cm; DC =12 cm vao (*) ta dwoc DH -15=9-12 hay DH=%=7,2 cm

Xét AAHD va AADC cé:
{[TAE’ chung

AHD = ADC =90°
Suy ra AAHD »AADC (g - g) RO H

A B

Suy ra 4D = Al (ti s6 dong dang) nén AC- AH = AD*.
AC  AD

Lai c6 ABCD 1a hinh chit nhat nén 4D = BC (tinh chét)
Do d6 BC? = AC-AH (dpcm)

Xét ADIH va ADHA co:

{ﬁ chung

DIH = DHA = 90°
Suy ra ADIH > ADHA (g - g)



Suy ra DL _DH | sn DH? = DI- DA )
DA

Xét ADKH va ADHC co:
HDC chung
DKH = DHC =90°
Suy ra ADKH < ADHC (g - g)
Suy ra DX _DH | en DH? = DK -DC ()
DC
Tir (1) va (2) suyra DI-DA=DK-DC (= DH?)
Xét ADCA va ADIK c6:

ADC chung
o4 BE (DI -DA = DK - DC)
DK DI
Suy ra ADCA « ADIK (c-g-c)
CA DA DC
Suyra —=——=—-
IK DK DI
Ma S,z = Sapcs » DIHK 13 hinh chit nhat nén IK = DH (tinh chét 2 duong chéo hinh chit nhat)

2 2 2
Do dé: SaBAC _ Sapca =(%j =(_CAJ )
apik Sapx K DH DH

. 1\ 1Y 1 1 AD* DC*  AC?
Hon nira: | — + =——t——= >+ = = 4
sina cosa sin“a cos“a DH DH DH

S 1Y (1Y
Tu (3) va (4) suy ra SABAC :( j +( j (dpcm)

ADIK sina cosa

HUGNG DAN GIAI DE GIUA HOC Ki 1 - DE SO 8

PHAN I. TRAC NGHIEM

Cau 1 2 3 4 5 6 7 8
Pap an A D A C B B D A

PHAN II. TU LUAN

Bai 1.

a)

b)

x> =2025+4x(x-45)=0
(x—45)(x+45)+4x(x—45)=0
(x—45)(x+45+4x)=0
(x—45)(5x+45)=0

x—45=0 hay 5x+45=0

x =45 hay x=-9

Vay phuong trinh c6 nghiém la x =45;x =-9.
3 5 2x—-17

=+ =
x-4 x+4 x*_16

(DKXD: x # +4)

®



3(x+4) . 5(x—4) __ 2x-7
(x—4)(x+4) (x—4)(x+4) (x—4)(x+4)

3(x+4)+5(x—4)=2x—7
3x+12+5x-20=2x-7
6x=-7-12+20
x:l(n)

J I
Vay phuong trinh c6 nghiém la x = &

4x-9y=2025
—4x+6y+2026=0

4x -9y =2025
—4x+6y=-2026

3y=-1
4x— 9y 2025

.|
|
:
i
b

4x = 2028

1
Vay hc—j: phuong trinh c6 nghiém Ia (507;5}
Bai 2.

a) —3x2+5 21+x+x+2

3(3x+5) >§+6_x+2(x+2)

6 6 6 6
IOx+15>6+6x+2x+4

9x—6x—-2x>6+4-15

x>-5
Vay bét phuong trinh c6 nghiém 1a x > 5.
b) Goi x (diém) 1a s6 diém lugt bin cudi cing (x € N*)
Theo dé bai, ta c6 bat phuwong trinh: 2,5+7,5 28 2+ x:2 >8,5
33+2x 251

x2>9

Vay luot cudi hoc vién nay can dat it nhat 9 diém.



Bai 3.

Goi x,y (quyén) sb sach dong gop 1am thu vién ciia 16p 9A va 9B (x;y € N¥).

L6p 94 déng gop sb sach it hon 16p 9B 13 19 quyén sach, nén ta ¢6 phuong trinh: —x+y =19 (1)
Vi 5 lan s6 lugng sach déng gop cuia 16p 94 nhidu hon 4 1an s6 lugng sach dong gop cua 16p 9B 1a
5 quyén sach, nén ta c6 phuong trinh: 5x—4y=5 (2)
-x+y=19
Tu (1),(2) ta dugc hé phuong trinh Y
Sx—4y =5
. x =81
Giai h¢ phuong trinh ta dugc (nhén)
y =100
Vay s6 sach dong gop 1am thu vién ciia 16p 9A va 9B lan luot 1a 81 quyén va 100 quyén.
Bai 4.
Ta c6: ADCB 1a hinh chit nhat nén CD = AB =10 m.
Xét AACD vuong tai D c6: AD = DC-tan10° =10-tan10°
Xét AECD vuong tai D c6: ED = DC-tan55° =10-tan 55°
Do d6 AE = AD+ ED =10-tan10° +10-tan55° ~ 16 .
Vay chiéu cao AE ctia thap khoang 16 m.
Bai 5.
a) Xét ABHK va ABKA co:
ABK chung
— A
BHK = BKA =90°
Suy ra ABHK « ABKA (g.g) H
K
Suy ra BH _BK nén BK* = BH -BA (dpcm)
BK BA
b) Tacod: KCI+CKI =90° (do AKIC vuong tai I) T
Ma BKI + CKI = 90° (do ABKC vudng tai K)nén KCI = BKI
, . . , == === X »
Xét AKIC vuong tai 1 c6 tan ACB =tan KCI = T B D 7 C
. . . . == — BI
Xét ABIK vuong tai I c6 tan ACB =tan BK] = — .
. 2-—» KI Bl _BI K[ ___
Do do6 tan” ACB=—"—=—nén Bl =CI -tan” ACB (dpcm)
Cl KI cI
1
—AD-BC
S AD
¢) Taco: —2MEC = 2 =— (1)
ATBC lTD-BC D
2

Lai c6: KCB+KBC =90° (do ABKC vudng tai K)
Ma KBC + BTD =90° (do ABDT vudng tai D)

Nén KCB = BTD
Hon nira, tana=£ va tanﬂ=tanlﬁ=%.

BD
Do do: tana.tanﬁ=£-y=£ 2)
BD TD TD
Saapc

Tu (1) va (2) chota tana.tan f =

(dpcm)

®

ATBC




HUGNG DAN GIAI BE GIUA HOC Ki I - DE SO 9

PHAN L. TRAC NGHIEM
Cau 1
Pip an B D A B C A A B

(S}
w
N
W
o
S
0

PHAN II. TU' LUAN
Bai 1.
a) (2x—3)-(8+4x) =0
2x—-3=0 hodc 8+4x=0
b= 3 hoac x=-2
2 3
Vay nghiém cua phuong trinh 1a x = 5 hodc x=-2.

2x=2 5-x* |
) =52x (didu kién xc dinh x = 1)
x+1 x—1 x“ =1

x(x—l)—(2x—2)(x+1)=5—x2

22 —x-2x*—2x+2x+2=5-x2

-x=3
x =—3 (nhan)
Vay nghiém cua phuong trinh la x =-3.
0 {5x—3y=4
2x+6y=16
10x-6y =8
{2x+6y=16
12x =24
{2x+6y=16

x=2
{y =2
Vay nghiém ciia hé phuong trinh da cho 1a (2;2).
Bai 2.
a) 3x-122>9
3x>21
x27
b) Goi sb tién gia dinh 6ng Binh gui tiét kiém 1a x (ddng, x > 0).
Lai suét 1a 6,2%/nam nén sau 1 nam sb tién 1i 1a: 6,2%.x=0,062x .
Theo dé bai, sb tién 13i sau 1 ndm it nhit 1a 50 triéu dong nén ta co:
0,062x > 50000000

S 50000000

Suy ra: x > ~ 806451613
0,062

®



x =806 triéu dong
Vay gia dinh 6ng Binh can guri tiét kiém it nhat khoang 806 triéu dong.
Bai 3. ABDC vuong c6: BD = BC-tanC =24-tan 7°8'
AABC vudng c6: AB = BC-cot A=24-cot40°
Vay chiéu cao than twong dai: AD = AB— BD =24-cot40°—24-tan7°8'~ 26 m .
Bai 4.
Goi s6 but loai A va loai B da ban 1an lugt a x (chiéc) va y (chiée). (x>0, y >0)
Vi tong s6 but da ban 1a 80 but, ta c6 phuong trinh x+y =80 (1)
Vi gia mdi but loai A 1a 12 000 ddng, mdi but loai B 1a 16 000 dong va thu dwoc 1 120 000 dong. Ta
¢6 phuong trinh 12000x +16000y =1120000  (2)
T (1) va (2) ta c6 hé phuong trinh
{x +y =280
12000x + 16000y = 1120000
Giai hé ta dugc x =40, y =40 (nhén)
Vay s6 but bi ban ra 1a 40 chiéc mdi loai.
Bai 5.
a) AABH vudng tai H co
AH

sin ABH = ——
AB

AH = AB-sin ABH = 6-sin50° =~ 4,6 cm
b) AABC vudng tai 4 nén ACB =90°— ABC = 90°—50° = 40°

AAHC vuong tai H nén tan ACH ZI:I_H

A
HC = Af\: 4’60z5,50m D
tan ACH tan40
c) Xét AAEH va AAHB co:
A chung E,
AEH = AHB =90° ~
B H b
Suy ra AMEH @ AAHB (g-g)
2
Do d6 £=A—Hsuyra AH? = AE- AB nén AE =282 (1)
AH AB ) AB
Chirng minh tuong ty AD = AAIZ 2)
. AH? (AC - 4B
Lay (1) — (2), ta dugc: AE—AD = AH? (L—L =¥ (3)
AB AC AB-AC
Talai co S, 4pc =%AH.BC=%AB-AC
Suyra AB-AC = AH -BC (4)
o AH -(AC - AB)
Tu(3)va(4)suyra AE—AD = — =

®



HUGNG DAN GIAI DE CUGI HOC Ki I - DE S0 5

PHAN I. TRAC NGHIEM

Cau 1 2 3 4 5 6 7 8
Papsn  C B B A D B C A
PHAN II. TU' LUAN
Bai 1.
a) Taco A=+(3—2v2)2 +¥64 ={3-242 | +Y4> =3-242+4=7-22
, 6(3+1) 2
b) Ta co B———\/ 23 =272 W3-
V3-1 (3-DEB3+D)
OB || 3 (A1)~ (VB1) B3B3 VE 1 40245
Bai 2.

a) DPébiéuthuc P=+/x-3++/5—x xac dinh, tacan: x—3>0 va 5-x>0
Suyra x>3 va x<5

Vay diéu kién xac dinh cua biéu thirc la: 3<x <5

b) O=vx?+6x+9+x? —dx+4 = (x+3) +y(x=2)* =|x+3|+|x—2|
Vi 3<x<2nén x+3>0 va x-2<0.
Khido OQ=x+3-x+2
0=5.
¢) Theo d& bai, ta c6: 15 =97 + x>
152 =97 +x7
225 =81+x
X =144
Vi x la d6 dai quang duong nén x >0
Dodo x=12.
Viy robot da di chuyén theo huéng bic mot quang duong 1a 12 m.
Bai 3.
Goi x 1as6 bao gidy va y 1a s6 bao nhua. Diéu kién: x,y e N .
Theo dé bai, ta c6 hé phuong trinh
x+y=46
{8x+5y=296

x=22 \
Giai hé phuong trinh trén, ta dugc { > (thoa man diéu kién).
y =

Vay trudong hoc thu duge 22 bao gidy va 24 bao nhua.
Bai 4.
a) Taco (x—2)(x+3)>(x-1*+5

x> +x—6>x—2x+1+5

x> +x-6>x-2x+6

Suy ra

3x>12

®



x>4

Vay nghiém cia bat phuong trinh 12 x > 4.

b) Goi x 1a s6 gid Minh thué xe. (Piéu kién: x e N)
Theo dé bai, ta co bat phuong trinh
20000 +35000x < 230000
Suy ra
35000x < 210000
x<6
Vay Minh c6 thé thué xe nhidu nhit 6 gio.
Bai 5.
a) D¢ dai cungtron la: [ = 762(:0 2710 :%-ZOﬁ =4r cm
Vay do6 dai cung tron 1a 4z cm.
b) Dién tickol mot mit cua chiée quat la
s=120 7 30* =L 9007 =3007 cm?
360 3
Liy 7 ~3,14 ta dugc: S~300-3,14 ~ 942 cm?
Vi 942 <1000 nén to gidy du dé lam mot mét cta chiée quat.
Dién tich gidy con thira 1a 1000 —942 = 58 cm?
Vay to gidy du dé lam mot mat quat va con thira khoang 58 cm?. B
Bai 6.
a) Tacd AB= AC (tinh chit 2 tip tuyén cit nhau tai 4)
Mat khac: OB=0C =R
Do d6 04 1a duong trung truc ciia doan thang BC .
Suyra OA L BCtai H va HB=HC.
b) Tacd AB = AC (tinh chat 2 tiép tuyén cét nhau tai 4)
Suy ra AABC cantai 4.

Xét AOBA vuéng tai B cb sinBd0=20-% _1

Suy ra BAO =30°.
Ta c6 BAC =2.BA0O =2.30° = 60° (do AO la tia phan gidc cia BAC)
Suy ra AABC déu.

Xét AOBA vuédng tai B ¢6 AB* = 04> — OB = (2R)* —R? =3R?
Suyra AB=3R

Suyra AB=AC = BC =3R

Suy ra BH:%BngR
B

Xét AAHB vuong tai H tacd AH* = AB*> — BH? = (\3R)? —(73’}3)2 =%R2

Suy ra AH =%R.

TacoS 5 =%AH~BC

Suyra S pc =%%R.«/§R




Do d6 S z0 = ﬁzﬁ
c) Taco AB L OBva OE 1 OB suyra OFE // AB hay OE // AF .
Tuong tu, tacd AC L OC va OF 1L OC suy ra OF // AC hay OF // AE .
T gidc AEOF ¢6 hai cip canh d6i song song nén AEOF 14 hinh binh hanh.
Ta c6 AO la tia phan giac cua FAE (tinh chat 2 tiép tuyén cat nhau tai A4 ).
Hinh binh hanh AEOF c6 mdt duong chéo 1a tia phan gidc cua mdt goc nén AEOF 1a hinh thoi.
Vi AEOF 14 hinh thoi nén hai dudng chéo 40 va EF vudng goc véi nhau va cit nhau tai trung diém
ctia mdi dudng.

Do do6 EF L AOva OKz%.

Ma OA=2R nén OK =R .

Suy ra K thudc duong tron (O) .

Mit khac, vi O, K, A thang hang nén EF 1 OK .
Vay EF latiép tuyén cua duong tron (O) tai K .

HUGNG DAN GIAI DE CUGI HOC Ki 1 - DE S0 6

PHAN I. TRAC NGHIEM

Cau 1 2 3 4 5 6 7 8
Dép 4n A B B C B B D B
PHAN IL TU LUAN

Bai 1.

a) Taco A=~[(5-2v6)> +3125 =15-26|+35° =5-26+5 =10- 246 .
b) Taco B=%+\/7—4f =—“1f63'3+\/(2—\6)2 =%+‘2—\B‘ =4+2-3 =6-43.

Bai 2.

a) Dé biéu thirc P:ﬁ+ 3—x xéc dinh, ta can
x+320va3-x2>0
Suyra x>-3va x<3

Vay diéu kién xac dinh la -3 <x<3.

b) Q=vx? —8x+16—vx’ +2x+1 = y(x—4)> —J(x+1)> =|x—4|—|x+]]
=(x—4)-(x+1]) =x-4-x-1=-5.(vix>4)

c) Theo dé bai: v=\/ﬂ
Thay v=14 va g =9,8, ta dugc: 14:\/%

14? =19,6h
196 =19,6A
Suyra & =ﬁ= 10
19,6
Vay d6 cao ma vat da roi qua 1a 10 m.

Bai 3.
Goi x 1a s6 thung loai nho va y 1a sb thung loai 16n. Diéu kién: x, y € N

Téng sb thung 1a 62 nén x+ y =62



Téng sb sach 1a 1776 quyén nén 24x+36y =1776
o . xX+y=62
Ta c6 h¢ phuong trinh
24x+36y=1776

x=38 T U
(thoa man diéu kién).
y=24
Vay c6 38 thung loai nho va 24 thung loai 16n.
Bai 4.
a) Taco sx-l_x+2 <2
4 3

Nhan ca hai vé véi 12, ta duge 3(3x—1)—4(x +2) <24
9x—3-4x-8<24

Sx-11<24

5x<35

x<7

Giai hé phuong trinh ta dugc {

Vay nghiém ctia bat phuong trinh 1a x < 7.
b) Goi x la sb thing hang thang may c6 thé chd. (Diéu kién: x e N)
Theo dé bai, ta c6 bat phwong trinh: 70 +35x < 630

35x <560
x<16
Vay thang méy c6 thé chd nhiéu nhét 16 thing hang.
Bai 5.
Y s 135°
a) D¢ dai cung tron la: [ = e 278

Suy ra / =§-16ﬂ =67 cm
Vay d¢ dai cung tron da cho 1a 6z cm.

b) Trong 60 phut, kim phut quay dugc mot vong, twong rng vdi goc 360°.
. 2
Trong 20 phut, kim phuat quay dugc mét goc la: % -360° =120°

Dau kim phut chuyén dong trén mot cung tron c6 ban kinh R =12 cm
120°

o

2r-12

Do dai cung ma dau kim phut di duoc 1a: [ =
Suyra /[ =87 cm

Lay 7 =~ 3,14, ta duoc [ ~8-3,14=25,12 cm
Vay quing dudng dau kim phut di chuyén dwoc trong 20 phut 1a 25,12 cm .

Bai 6.

a) Tacd CA=CB (tinh chat 2 tiép tuyén cét nhau tai C)
Mat khac
O4A=0B=R

Do d6 OC 1a duong trung truc cua doan thing AB .
Suyra OC 1. ABtai H va HA= HB .
b) Xét tam giac OHA vudng tai H , theo dinh li Pythagore, ta c6
AH? =047 -OH*
AH? =R* - (ﬁjz
2

®



2
Suy ra AH? =%

3

Do d6 AH =7R

Vi HA=HB nén AB=2AH

3

Suy ra AB=2~7R

Do d6 AB =+/3R

Xét tam giac OHA vudng tai H ,tacd
R
— H 5 1
cos AOH _od _2 1
04 R 2
Suy ra AOH = 60°
Xét tam giac OAC vudng tai 4 ,tacd

tan 40C = A€
0OA

Suy ra tan 60° = jiTC

Suyra AC = R.tan60° = /3R

Xét tam giac OAC vudng tai A, theo dinh 1i Pythagore, ta cd
0C? = AC* + 04°

Suy ra

0C? =(\3R)* + R* = 4R?

Suy ra OC =2R

Tacé CH =0C-OH

Suyra CH = 2R—§

Do d6 CH:37R

TacéSABC=%AB.CH

Suyra Sz :%-ﬁR-E

2
33

Do d6 S5 = TR2

¢) Xét AABD cb BO 1a duong trung tuyén Gmg v6i canh AD va BO = %AD (Bén kinh bang %Chr(‘mg kinh)
Suy ra AABD vuong tai B .
Suyra AB 1 BD hay AB | DE .
Ma 4B 1 OC (Chung minh ¢ cau a)
Suy ra OC // DE
Ma O 1a trung diém cua 4D.
Nén C la trung diém AE.



HUGNG DAN GIAI BE cUOGI HOC Ki I - DE S0 7
PHAN L. TRAC NGHIEM
Cau 1 2 3 4 5 6 7
Pap an D A B B C A C D
PHAN II. TU LUAN
Bai 1.

M= (6—4)2—10(—"22’25—\5} =W§—4\—10-—V2‘;’25+10«/§
=4-/5-9+10y/5 =9/5-5.

Bai 2.
a) L =+2026-x xac dinh khi va chi khi 2026 —x >0
Suy ra x <2026

o]

b) T =y(x=3) +y(x=9) voi 3<x<0.

=|x—3|+|x—9|
=x—-34+9-x (vix-3>0;x-9<0)
=6
¢) Déi 310000 m =310 km thay vao d =3,57\ ta duoc:
310=3,57h

AL

3,57
2
(310
3,57
h~7540 m.
Bai 3.

Goi x, y (m) 1an luot 1a chidu dai, chiéu rong miéng dét (x; y > 0)
x+y =400

Theo dé bai ta duoc hé phuong trinh 1
(100%—20%)x+y+§y =400

x+y =400

4 4
A2, 2400
57737

. x =250
Giai hé phuong trinh ta dugc 150 (nhan)

Vay chiéu dai miéng dit ban du 1a 250 m va chiéu rong 1a: 400 —250 =150 m.

Bai 4.
) 2x_x—3 S 9x-13
3 5

15.2x B 5(x=3) S 3(9x-13)

15 15 15
30x—5(x—3)>3(9x-13)
30x—5x+15>27x-39

30x—-5x—-27x2>-39-15




b)

—2x2>-54
x<27
Vay bét phuong trinh c¢6 nghiém 1a x < 27.
Goi x 1a sb ngudi duge dua 1én xudng (x eN' )
Tong khoi lugng trén xuong s€ bao gom khoi lugng cia chiéc may bom va khoi luong cta x nguoi nén
ta c6 biéu thie: 240+65x (kg)
Theo dé bai, d& dam bao an toan, xudng ctru hd chi dugce phép chd khong qua 900 kg nén ta co bét
phuong trinh: 30+ 65x <900
65x £900-30=2870

XS@ ~ 13,384
65

Vi xeN" nén ta chon x =13

Vay xudng ctru hd ¢6 thé chd nhiéu nhat 13 ngudi dé khong vuot qua tai trong cho phép.

Bai 5.

a)

b)

Ap dung cong thirc tinh chu vi hinh tron ta c6: C =27R =2-3,14-5=31,4m
Vay khi di ding 1 vong, con bo di chuyén dugc quing duong dai 31,4 m.

Thoi gian dé con bo di hét 1 vong la: i 1’: =1 phat

Dé hoan thanh 1 mé bot can quay 10 vong. Vay thoi gian dé xay xong 1 mé bot 1a:
10-1=10 phaut.

S6 mé bot xay duoc trong 1 gio lam viée lién tuc la: 60:10=6 mé.

Vi mdi mé thu duge 4 kg bot, nén tong khdi luong bot xay duoc trong 1 gid la:
6-4=24 kg.

Vay trong 1 gio lam viéc lién tuc, nguoi nong dan s€ thu duoc 24 kg bot.

Bai 6.

a)

b)

Ta c6: AOBC cin tai O ma OH 1a duong trung tuyén (H 14 trung diém BC).
Suy ra OH la tia phan giac ctua BOC nén BOD =COD.
Xét AOCD va AOBD
OC=0B=R
BOD = COD (cmt)
OD chung
Suy ra AOCD = AOBD (c.g.c)
Nén OCD = OBD = 90°
Hay DC L OC ma Ce(0)
Do d6 DC la tiép tuyén cta duong tron (O).(dpem)
Ta c6: AAEB ndi tiép duong tron c6 dudng kinh AB
AAEB vuong tai E.
BE 1 AD tai E.
Xét ADEB va ADBA co:
{A/D\B chung

DEB = DBA = 90°




Suy ra ADEB © ADBA (g.g)
ey DE _ DB
DB DA

Hay DB*> =DE.DA (1)
Lai c6: AOBC cantai O ma OH la dudng trung tuyén ( H 1a trung diém BC)
Suy ra OH la duong cao nén OH 1 BC.
Xét ADHB va ADBO cé:
{l?[—)\O chung
DHB = DBO = 90°
Suy ra ADHB « ADBO (g.g)
Nen 22 DH DB
DB DO
Hay DB* =DH.DO (2)
T (1) va (2) suy ra DH.DO = DE.DA (= DB?)
Xét ADEH va ADOA co:
DH DE
4 =0 ™
ADO chung
Suy ra ADEH © ADOA (c.g.c)
Suy ra DOA = DEH (dpcm)
c) Xét ACAB va AHBD co
{A/CT? = BHD =90°
ABC = BDH (ABC + BOH =90° BDH + BOH = 90°)
Suy ra ACAB > AHBD (g.g)

4B _ BC
Suy ra —

BD DH

4B _BC _2BH _BH
Suyra — =

BD DH 2DI DI

Xét ABAH va ADBI c6

AB _BH (cmt)

BD DI

ABH = BDI (ABH + BOH = 90° BDI + BOH = 90°)
Suy ra ABAH < ADBI (c.g.c)
Suy ra BAH = DBI 3
Ta c6: AAFB ndi tiép dudng tron c6 duong kinh 4B
Suy ra AAFB vudng tai F.

Suy ra BAF + ABF =90°

Ta lai co: B\B]+ A/BTT =90°

Suyra BAF =DBI (4)

Tu (3) va (4),suyra BAF = BAH nén hai tia AF ,AH trung nhau.
Vay badiém 4, H,F thing hang.

@)



HUGNG DAN GIAI DE cUGI HOC Ki 1 - DE S0 8

PHAN I. TRAC NGHIEM
Cau 1 2 3 4 5 6 7 8
Pipan D D C C B B A A

PHAN II. TU LUAN
Bai 1.

a) ,/(ﬁ—l)z+%/—_8=\\/§—1‘—2=\/§—1—2=\5—3.
b) \/4_8—(2+\/§)2=4\/§—4—4«/§—3=—7.
4 5\g=@—5~g=\/§+1—«6=1.

c) =
J5-1 4

Bai 2.

a) Diéu kién xac dinh ciia V15-2x14 15-2x>0
—2x>-15

xsl—s

b) Vx?—dx+d =y(x-2)" =|x—2|=—x+2 (vix<2)

c) t= 2'944;’1 =+/9 =3 . Vay vat cham dat sau 3 gidy.

Bai 3.

Goi x 1a s6 hoc sinh tham gia cau lac bo Tiéng Anh,
y la s6 hoc sinh tham gia cau lac bd STEM. biéu kién: X,y € N
Theo dé bai, tong s6 hoc sinh 1a 78, ta ¢ phwong trinh x+ y =78 (1)
S6 hoc sinh cau lac bo Tiéng Anh nhiéu hon sb hoc sinh cau lac b6 STEM 14 em:
x—-y=14 (2)
x+y=78

Tu (1) va (2), ta dugc h¢ phuong trinh: {
x—-y=14

Giai h¢ phuong trinh ta dugc x =46;y =32 (nhén)

Viay s6 hoc sinh tham gia cau lac bo Tiéng Anh 1a 46 hoc sinh va cau lac b STEM la 32 hoc sinh.
Bai 4.
a) 2x—-3(x-1)>5(2x+3)

2x=3x+3>10x+15

—11x>12

-12
X<—
11

b) Goi x 1a sé quyén vo Minh mua (x € N*)

S6 tién mua vé 1a 12000x (dong)

®



Vi Minh phai con lai it nhat 20 000 dong nén: 200000 —12000x > 20000
Hay 12000x < 180000
Suyra x <15
Vay Minh mua nhiéu nhét 15 quyén vé.
Bai 5.

nRn  7.3590° 357

a) [= = =——=~55cm. Vay banh xe di duoc quang duong 55 cm.
) TR 5 ay OC quang g

b) Dién tich hinh vanh khuyén giita hai hinh tron S = 7[(72 - 52) =24r (mz)

774120 7.5%120° 497 257 )
T 5= = =87 (m )
360 360 33

Dién tich phan vanh khuyén lam 16i dila S =

Vay dién tich phan 16t gach 13 247 —87 = 167 ~ 50 (mz) .
Bai 6.
a) Chitng minh AD+ BE = DE va DOE =90°.
Theo tinh chét hai tiép tuyén cat nhau: AD = DC va CE = EB
Doddé AD + BE = CD + CE = DE
Theo tinh chét hai tiép tuyén cat nhau:
OD la phan giac 40C vi OE 1a phan giac COB . P
Nén A/(Y) = EO\C; C/’O\E = E—\OB .
Mit khic 40D+ DOC +COE + EOB = 180° .

Suy ra 2(5077+c/075)=180°. i s
Vay DOE =90°.

b) Tinh CH va dién tich vién phan gioi han boi day AC voi cung nho AC.

B

Xét ACOH vudng tai H, CH = CO-sin COH = R -sin 60° = SR

13 R23

Dién tich AAOC : lCH-AO=——R~R =
2 22 4

o 2
Dién tich hinh quat 40C: LﬂRZ = 0 7R? =i
360 360° 6

R’ ﬁ;]ﬁ (E_ﬁJ

Vay dién tich vién phan la ———
6 4 6 4

¢) Chirng minh rang CH.DE c6 gid tri khéng doi.
AABC ¢6 CO 1a dudng trung tuyén tng véi canh 4B va CO = %AB .
Nén AABC vuong tai C .
Theo tinh chét hai tiép tuyén cit nhau c6 CE = BE va CO=0OB=R .
Nén OF la duong trung truc cua BC .
Suyra OF 1L BC .

@



Theo tinh chét hai tiép tuyén cit nhau c6 EO 1a tia phan gic ciia CEB .
Nén CEO = BEO

Ma BEO = CBA (cung phu C/'Zi’?)

Do d6 CEO = CBA .

Xét AABC va ADEO cb ACB = DOE =90° va CEO = CBA (cmt)
Nén AABC «» ADEO (g.g)

2
Suy ra —245¢ Saapc _ (ﬂj

ADEO DE
1
—CH -AB
Ta lai ¢6 Saapc _ 2 _CH- 4B
SipEo lCO-DE C0-DE
2
Do d6 ABY _CH.AB
DE) CO.DE
4B _cH
DE CO

Vay CH-DE = AB-CO =2R-R = 2R* (khong ddi).

HUGNG DAN GIAI DE cUGI HOC Ki I - DE S0 9

PHAN I. TRAC NGHIEM
Cau 1 2 3 4 5 6 7 8
Pipin B C A D A C C D

PHAN II. TU' LUAN
Bai 1.

a) (V3-3) —¥27 =[V3-3-3=3-\3-3=-13

b) 24/5-4/125 +T—2\/' 55 ++/5 = =245

o) V2(v2- 3)_I—_2 W2-2(V2+1)=2-3V2-22-2=-5V2
Bai 2.
a) Piéu kién xac dinh ciia /3x—11a 3x—1>0

xX2—

b) V4x® —4x+1 =«/(2x—1)2 =[2x-1|=2x-1 (vi xz% suyra 2x—1>0)
¢) U=+100.121=110¥

Bai 3.

Goi x 1a s6 cay phuong dd mua, y 1a s6 cdy bang ling di mua.

@



Piéu kién: x,yeN".

Theo dé bai: Tong s6 cdy da mua 1a 120 cay: x+ y =120

Vi tong s6 tién mua cdy 1a 4 600 000 ddng ta c6 phuong trinh 45000x + 35000y = 4600000
x+y=120

45000x + 35000y = 4600000

Giai hé phuong trinh ta dugc x =40; y =80 (nhan).

Ta dugc hé phuong trinh {

Vay s6 cdy phuong dd mua 13 40 cay. SO cdy bang ling d3 mua la 80 cdy.
Bai 4.
a) (2x—1)(x+3)>(3x-2)" - 7x>

2x* +6x—x—-329x* —12x+4-7x>

17x>7

le
17

b) Goi x la sb tuan tiép theo, x € N".
35+12x 295
12x > 60
x5
Vay can thém it nht 5 tuan tiép theo.
Bai 5.
a) Dién tich san dua hinh vanh khuyén la:
S = (R* —r?) = 1(50* —42%) ~ 2312 (m?).
Vay dién tich san dua hinh vanh khuyén 1a 2312 m?.

o

-3=135°

b) Sau 3 phut cabin quay dugc goc ¢ tam la 360

2V 10 57233 (m)

Quiéng dudng cabin di chuyén sau 3 phut 1a
Bai 6.
a) Chitng minh AO L BC va BI la phan gidc ciia ABH.

Theo tinh chét hai tiép tuyén cit nhau c6 4B = AC va OB=0C=R.

Nén AO la trung truc cia BC

Do do AO L BCtai H
Tacd AIBOcantai O (vi OB=0I =R)
Nén IBO = BIO

Lai c6 ABI +IBO =90°
Suy ra ABI + BIO = 90°
Mit khac IBH + BIO = 90°




b)

¢)

Suy ra ABI = IBH

Vay BI la phan gic cia ABH.

Gia s AO = 2R, tinh BH va dién tich tw giac ABOC theo R.
Xét AABO vudng tai B :

cos AOB =—— BO_R _1 nén AOB = 60°
AO 2R 2
Xét AABH vuong tai H co sin BOH = % suy ra BH = BO-sin60° = R?
Ta c6 dién tich AABO : %AO-BH =%2R~§R = RZZ\/E
Xét AABO va AACO co
AB = AC (tinh chat hai tiép tuyén cit nhau)
OB=0C=R
AO la canh chung
Do @6 AABO =AACO (c-c-c)
Vay dién tich tor gidc ABOCla 28,50 =2- ﬁ =R*\3

Ké duong kinh CD va BK 1. CD (K € CD). Chirng minh rang AD di qua trung diém ciia BK.
Goi P la giao diém ciia ADva BK, E 1a giao diém ciia DB va CA.

ACDB c¢6 BO la dudng trung tuyén tmg véi canh CD va BO =%CD

Nén ACDB vuong tai B suy ra CBD =90°

Do d6 EBC =90° (k& bu)

Suy ra BEC + BCE = 90° (1)
Lai c6 EBA+ ABC = 90° ©)

Mit khac AB = AC (tinh chit hai tiép tuyén cit nhau) nén A4BC can tai 4
Suy ra ABC = BCE 3)

Tir (1), (2), (3) suy ra BEC = EBA

Do d6 AABE cantai A

Nén AE = AB

Ma AB = AC (tinh chét hai tiép tuyén cét nhau)

Suy ra AE = AC 4)
Theo hé¢ qua dinh 1i Thalés cho:
PK DP
AADC ¢6 PK /| AC (vicung vuong goc voi DC ): — =— 5
( g g8 ): o (5)
AEAD ¢6 BP /| EA: PB DP (6)
AE DA

Tu (4), (5), (6) suy ra PK = BP.



HUGNG DAN GIAI BE GIUA HOC Ki Il - BE SO0 5

Bai 1. A
A 7L 33 o y
a) Lap bang gia tri:

X -2 -1 0 1 2

y=-2x* -8 =2 0 =2 -8

Il

|

D

(=)
it 1 °)

- —

=Y

- ————

D4 thi ham s6 y = —2x? dugc v& nhu hinh.
)
b) Goi M(x;y) la diém can tim, theo dé ta co {y
Tir d6 ta c6 phuong trinh —2x* = —50 B
xr=25
Suyra x=5;x=-5.
Véi x=35;y =-50 ta co diém M (5;-50) .
Véi x=-5;y=-50 ta co diém M (-5;-50).

T T T L T T Sty apep——— 1}

Vay diém can tim 1a M (5;-50) M (-5;-50).
Bai 2.
a) Taco A=b>—dac=(-3)"-4.7.(-2)=65>0.

Vi A >0 nén phuong trinh c¢6 hai nghiém phan biét

. =—b+\/Z _ ~(-3)++/65 _ 3+4/65

1

2a 2.7 14
o _ch=JA _—(3)-V65 _3-\65
2 2a 2.7 14

b) x*—2mx+3m+4=0.
Taco A'=b"—ac=(-m)’ ~1.(3m+4)=m* —3m—4
Phuong trinh da cho ¢6 nghiém kép khi A'=0 hay m* —3m—4=0
Giai phuong trinh bac hai 4n m ta duoc m=—1;m=4.

Bai 3.

a) Taco: A=b>—4ac=5>-43.(-6)=97>0

Vay phuong trinh luén c6 hai nghi¢m phan biét x;, x,.

U LT =
b) Theo hé thuc Viéte, ta co: 3.

XXy =—2
S=(3x-2)3x,-2)

S =9xx, —6(x; +x,)+4
§=9.(-2) —6.(—§j+4

S=-18+10+4
S=-4.

@)



Bai 4.
Goi x 1a s6 tAm ton bac An du dinh mua theo ké hoach (tém, xeN )

S6 lugng tam t6n bac mua duoc trong thuc té 1a x+10 (tim)
2000

Gi4 niém yét mot tdm ton theo ké hoach 1a ! (nghin ddng)

2000

+10

Vi mdi tAm ton dwoc giam 40 nghin ddng so v6i gia niém yét nén ta c6 phuwong trinh

12000 12000 _
X x+10

7 A AL LA A A 1x 1 N A
Gia tien mot tam ton trong thyc té 1a (nghin dong)

40

Chia ca hai vé phuong trinh cho 40 ta dugc
300 300 _
x x+10

300(x+10)—300x = x(x+10)
300x +3000—300x = x* +10x
x> +10x-3000=0
Giai phuong trinh ta dugc x =50 (TM); x =—-60 (KTM)
Vay theo ké hoach, bac An du dinh mua 50 tAm ton.
Bai 5.
P6i20 cm=0,2 m
Bén kinh dudng tron trong long giéng 1a: 7=1:2=0,5m
Bén kinh duong tron ngoai cia thanh giéng 1a: R=0,5+0,2=0,7 m
Dién tich phan mat trén cua thanh giéng (hinh vanh khuyén) 1a
S =x(R*=r?)=7(0,72-0,5)~0,75 m’
Bai 6.
a) Vi BE,CF la cac duong cao cua tam giac ABC nén
BFC = BEC =90°
Tam gidc BFC vuong tai F nén ba diém B,F,C cing
thudc dudng tron dwong kinh BC (1)

Tam gisc BEC vudng tai E nén ba diém B,E,C cing

thudc dudng tron dwong kinh BC(2)
Tir (1), (2) suy rabén diém B, F, E,C cing thuoc duong tron duong kinh BC , hay tir gidc BFEC noi tiép.

b) Taco BCP =90° (gdc ndi tiép chan nira dudng tron)



Xét ABCP vuodng tai C va ACFA vudng tai F co
BPC = FAC (cac goc ndi tiép cing chin cung BC )

Do d6 ABCP dong dang v6i ACFA (g.g)
BC BP , BC.CA

Suy ra — =— nén
CF C4A

Xét tam giac ABC c6 H la giao diém cua hai duong cao BE,CF nén H 1a tryc tim AABC .

=BP=2R.

Goi D 1a giao diém cua AH va BC suyra AD la dudng cao thi ba cia AABC nén AD 1 BC tai D.
V& duong kinh AK . Goi I 1a trung diém cua BC

Tac6 ACK =90° (g6c ndi tiép chén nira dudng tron)

nén KC L AC,BH L AC suyra KC // BH (3)

Ta c6 ABK =90° (g6c¢ ndi tiép chén nira dudng tron)

nén KB L AB,CH L AB suyra KB // CH (4)

Tir (3), (4) ta c6 BHCK 1a hinh binh hanh, ma / 1a trung diém ctia dudng chéo thir nhdt BC nén I
ciing 1a trung diém cta dudng chéo thir hai HK .

Suyra I,H,K thing hang va /14 trung diém cua HK .
Xét tam giac AHK cé

O 1a trung diém cua 4K

I 1a trung diém cua HK

Suy ra OI 1a duong trung binh cia AAHK nén AH =201
Do OI khong ddinén AH khong dbi

Ta cé Spupz =%AE-HE (*)

Tac6 AAEH vuéngtai E nén AE*+EH? = AH? £
Ap dung bét ding thirc Cauchy ta c6 0
AH?* = AE* + EH* > 2N AE* -EH? =2AE-HE

nén AE-HES%AHZ (**)

Tir (¥) va (**) suy ra Sy 7z S%AHZ khong doi
Vi Spuur < %AHZ =or’

Dau “=" xay ra khi A4E = HE khi AAHE vuong can tai E .
Khi @6, AHE = 45° suy ra ACB = 45° (cung phy voi DAC )

Vay dién tich tam giac AEH 16n nhat bang Of 2 khi diém A nim trén cung l6n BC va ACB =45°.



HUGNG DAN GIAI BE GIUA HOC Ki I1 - PE SO 6
Bai 1.
a) Lap bang gid tri. (P)
X -4 2 0 2 4 9

1,
J’ZEX 8 2 0 2 8

D6 thi (P) duge vé nhy hinh.
b) Goi M (x,8)la diém thudc (P).
Thay vao (P) ta duoc:

8=lx2
2

Y

A A3

[SF T

x2=16 4 -7 6 -5 =3 -2 -1 0 1

L

x=4 hay x=-4

Vay c6 2 diém M (—4,8); M (4,8) thudc (P).
Bai 2.
a) 4x*+11x-3=0

Tacd: A=b*>—4ac=11>-4-4-(-3)=169 > 0

Phuong trinh c6 hai nghiém phan biét:

_b+VA 1144169 1

1

2a 2-4 4
_ob=A _-11-V1e9
" 2a 2:4

b) (3x—2)° =15x* —10x
9x* —12x+4 =15x% —10x
—6x> —2x+4=0
Tacod: a—b+c=-6—-(-2)+4=0
Phuong trinh ¢6 hai nghiém:

- -4 2
n=-lLxy=—=—=—

a -6 3
Bai 3.
a) A=b*—4ac=(-5)7-4-2-(-3)=49>0
Nén phuong trinh ¢6 2 nghiém phéan biét x;,x,.

-b 5
X+ Xy =—= 5
b) Theo h¢ thirc Viéte, ta co a 3

c
XXy =—=—
a

3,3
; X, +Xx
Tacod: A=-1 2

—4(x +x,)
x2 oxl

2 2
A= (5 X)) (4 +X5 —%.X,)

—4(x; +x;)
xZ ‘xl



2
e (x1 +x2)-[(x1 +x2) —3x1.)c2]_4(x1 +x2)
xz.xl
2
e=2
A= _g4.2.333
= 2 12
Bai 4.

a) Vi hai ntra hinh tron bang nhau ghép lai thanh mot hinh tron nén:

2 2
Dién tich san van dong: S},,0n + Shen = 7- (g) +xy = %+ xy =0,785x% +xy (m?).

b) Thay y =1,5x vao biéu thirc ta dugc:
0,785x" +1,5x* =10565,84
2,285x% =10565,84
x* = 4624
x=68 (do x>0)
Chu vi cuia san van dong la tong dudng vién cia hai nira hinh tron va hai 1an chiéu dai hinh chir nhat:
68-3,14+2-1,5-68=417,52 = 417,5 (m)
Bai 5.
Vi dién tich 16n nhat mdi con dé dn dugc 1a mot hinh quat c6 goc ¢ tam la 90°.
Nén
Theo cach 1: M&i day thimng dai 20 m, thi tong dién tich c¢6 hai con dé an dugc la:
7207 -90°
360° 7
Theo cach 2: Mot day dai 25m, mdt day dai 15m, thi tong dién tich c¢6 hai con dé an dugc la:
7-25%-90° . 7152 -90°
360° 360° 7
Vi 2007 < 212,57 nén theo cach budc thir hai thi tong dién tich c6 ma hai dé an dugc la 16n hon.
Bai 6.
a) Chitng minh tir gide ABOC néi tiép dwong tron, va OA L BC tai H
Ta c6: AABO vudng tai B (vi AB L OB, tinh chat tiép tuyén)
Suy ra 3 dinh 4, B, O thudc dudng tron c6 dudong kinh O4 .
AACO vudng tai C (vi AC L OC , tinh chat tiép tuyén)
Suy ra 3 dinh 4, C, O thudc duong tron cé duong kinh OA4 .
Vay 4 dinh 4, B, O, C thudc dudng tron c6 duong kinh OA4 nén tir giac ABOC ndi tiép.
Taco: AB=AC va OB=0C=R.
Nén 04 la duong trung tryc ctia doan thang BC .
Suyra OA L BCtai H .
b) Puong trung triee ciia AH cdt AH tai M, BM cat KH tai I Chitng minh CK //OAva I thuée trén
duong tron (O)
Ta c6: BCK =90° (gdc ndi tiép chan nira dwong tron) suy ra CK L BC
Ma OA L BC tai H (chung minh trén) nén CK // OA

®

2 =200z (m?)

=212,57 (m?)



Xét AABH va ABKC co: B

AHB = BCK =90°

HAB = CBK (cung phu ﬁ) I

Vay AABH < ABKC (g.g)

B_AH . AB_24M _AM A = 0
BK BC BK 2BH BH

Xét AABM va ABKH cb:

MAB = HBK
o C K
BK BH

Suy ra AABM « ABKH (g.g)

Nén ABM = BKH

Ma ABM +MBK = ABK =90° \)

Nén BKH + MBK =90°

Suy ra BIK =90°

Lai c6, BK la dudng kinh ctua duong tron (O) .

Nén [ thudc duong tron (O) .

¢) Tiép tuyén tai K cia dwong tron (O) cdt dwong trung truc cia AH tai S . Chitng minh SA = SH = SK
% Chimg minh S4 = SH
Ta c6: SA=SH (vi S thudc duong trung truc cia AH )
« Chung minh S4 = SK
Xét AOCA (vudng tai C) va AOHC (vuong tai H), ta co:
Dé dang chimg minh dugc AOCA © AOHC
Suy ra OC? =OH -04
Ma OC = OK
Suy ra OK? = OH -04
Xét ASKO vuong tai K, ta co:
SK* =SO* -OK*
Suy ra SK? = SO* —OH.04 (1)
Xét ASMA vuong tai M, ta co:
SA* = AM* + SM*
SA* = AM* + SO* —OM*
S4% = SO* —(OM? — AM?)
Taco OM* - AM?* =(OM — AM )(OM + AM )
=(OM —MH).04 (Vi AM = MH)
=0OH.0A
Suy ra S4° = SO* —OH.0A Q)
Tu (1), (2) suyra S4=SK .
Vay S4=SH =SK .

®



HUGNG DAN GIAI BE GIUA HOC Ki I - BE SO 7

Bai 1.
a) Lap bang gia tri. A
X -4 2 0 2 4

y=_71x2 4 -1 0 -1 -4 !

=Y

V& dd thi (P) nhu hinh v&.
42
b) Taco: y:%:—ZS

Nén x* =100
Suy ra x =10 hayx=-10
Viy cac diém can tim 1a 7(10;-25); T(~10;-25).
Bai 2.
a) 6x°—5x—1=0
Tacod: a+b+c=6+(-5)+(-1)=0 .
¢ -

Nén phuong trinh ¢6 2 nghiém x=Lx=—= i
a

e = ==

-1 .
Vay x=Lx= 3 la nghiém cua phuong trinh.

b) 6x+5=x(2x-3)
6x+5=2x" —3x
2x* =3x—-6x-5=0
2x* -9x-5=0
A=(-9)*-42.(-5)=121>0.
Nén phuong trinh cé 2 nghiém phan biét

N _-b+dA _—(-9)+v121 _b-VA _=(-9)-v121_2_ -

' 24 2.2 " 24 22 4 2
Vay x=5;x= _?1 la nghiém cta phuong trinh.
Bai 3.

a) 2x*—Tx+5=0
Tacd: A=b*—4ac=(-7)*-4.2.(-5)=89>0
Nén phuong trinh c6 2 nghiém phan biét.

b) Ap dung dinh li Viéte, ta c6: x1+x2=—2—%; 3y = _%
a
2
7 5 29
Laico: x2 +x2 = (x+x,)> —2xx, =| — | —2.= ===,
: X = (0 +X,) %2 =15 2 4
2, .2 §+5—
Mo X _ xS +x) 4 T2 =£.
N+S5 45 x50 +x)+25 5 o7 55 20
Bai 4.

Goi x (bai) 14 sb bai tap mdi ngay Hoa lam theo du dinh (x eN' x< 120) .
x—2 (bai) 1a s6 bai tap mdi ngay Hoa lam thuyc té.

Thoi gian dy dinh dé hoan thanh 120 bai tap la: 120 (ngay)
x

@



Thoi gian thuc té dé hoan thanh 120 bai tap la: 1202 (ngay).
x+
Vi Hoa da hoan thanh toan b bai tdp sém hon 10 ngay so v6i du dinh, nén ta c6 phuong trinh:
120 120
= =10
X x+2

120(x+2) 120x 10x(x+2)
x(x+2) _(x+2)x - x(x+2)

120(x+2)—120x =10x(x+2)

120x + 240 —120x =10x? +20x

10x? +20x—240 = 0

x> +2x-24=0

Giai phuong trinh ta tim dugc: x = 4 (nhén); x = -6 (loai)

Vay theo du dinh, mdi ngay, Hoa lam 4 bai tap toan.
Bai 5.
Theo gia thiét cta d& bai, ta co:
Khoang cach tir vi tri bdn ban ddu O dén bia muc tiéu 4 1a: 04 =25 m.
Khoang cach tir vi tri ban ban dau O dén bia muc tiéu B 1a: OB =25 m.
Khoang cach tir vi tri bdn ban ddu O dén vi tri ngim bin méi C 1a: OC =25 m.
Suyra OA=0B=0C=25m.
Vibadiém 4, B va C cung cach déu diém O mét khoang khong ddi (bang 25 m)
nén 4,B,C €(0;25 m).
Trong duong tron (O), ta xét cung nhé 4B cod AOB chinh la goc & tim chén cung nho 4B nén
AOB = 42°.
Ma goc quan sét tir vi tri C 13 ACB nén ACB chinh 1a goc noi tiép chin cung nho AB .
Do d6 ACB = % AOB.

Thay s6 do AOB =42° vao cong thire trén, ta tinh duogc: ACB = %'420 =21°

Vay tai vi tri C, cung thu s€ quan sat hai bia myc ti€éu 4 va B dudi mot goc bén la 21°.

Bai 6.
a) Taco: MED =90° (g6c ndi tiép chan nira duong tron) nén MES =90°.
. . |SM =S8N q A 3 18R A &
Ta lai co: (tinh chat hai ti€p tuyen cat nhau)
OM =ON =R M

Suy ra OS 1a duong trung tryc cia MN.

Nén SO L MN tai I hay MIS =90°.

Hon nita, AMES vuéng tai E (do MES =90°)
Nén AMES nbi tiép duong tron duong kinh MS. (1) - Jf

Mit khac, AMIS vuéng tai 7 (do MIS = 90°) 9 I 5
Nén AMIS ndi tiép duong tron dudng kinh MS. (2)
Tu (1) va (2) suyra4 diém M,I,E,S cung thude 1
duong tron duong kinh MS.
D N

Do d6, tir gidc MIES ndi tiép duong tron.
b) Xét ASEM va ASMD cb
{AZS‘B chung

MES = SMD =90°




©)

Suy ra ASEM > ASMD (g.g)
Nen SE _SM hay SM? = SE.SD.
SM  SD
Ma SN = SM hay SN? = SM?
Nén SN* = SM? = SE.SD
Xét ASNE va ASDN c6
DSN chung
SN _SE
SD SN

Suy ra ASNE «> ASDN (c.g.c)
Nén SNE = SDN = EMN

2= (SN? = SE.SD)

Ta co: cosMOI—ﬂ nén Ol = OM. cosMOI oM. cosMOS oM. %=£
oM oS

2

Suy ra SI =0S - 01—37R
Ta lai co: MNE = MDE (2 gbc ndi tiép cung chin cung ME )
Ma MDE + DME = 90°
DME + SME = 90°
Nén MDE = SME (cung phu véi DME )
Hon nira, SME = SIE (2 goc ndi tiép cing chin cung SE cua ti gidc MIES ndi tiép)
Do d6, MNE = SIE .
Xét AJIE va AJNI co
{I./]]\\/ chung

IEJ = JIN =90°
Suy ra AJIE « AJNI (g.g)

Nen 2L _JE hay JI* = JJEJN (3)
JN JI

Ma SNE = EMN (cmt)

va EMN = ISE (2 goc noi tiép cung chan cung JE ciia tir gidc MIES ndi tiép)
Suy ra SNE = ISE hay SNJ = JSE

Xét ASJE va ANJS co

{E]N chung

SNJ = JSE (cmt)
Suy ra ASJE « ANJS (g.g)

Nen 2L _JE hay SJ% =JE.JN (4)
NJ JS o
Tir 3) va (4) suyra SJ? =JI% nén SJ = JI =
Lai co: cosZ\//[O\S=%=£=l nén MOS = 60°.
w5 R 2 RS3
sin MOl = —— nén MI = OM .sin MOI = R.sin 60° = ——.
oM 2
1 1 SI 1 3R . R3 33R?
Vay Sy = JIMN =~ SLopg = L 3R 5 RN3 dvdt).
S SREET =7 272 274 T g (@vdv

®



HUGNG DAN GIAI BE GIUA HOC Ki Il - DE SO 8

Bai 1.
a) Lap bang gia tri:
X -4 2 0 2
L 5
= —X 4 1 0 1
Y74

V& d6 thi (P) nhu hinh v&.
b) Theo d¢ bai ta cé: y =x thay vao (P):y

1

—x’=x .
4 —>
1

—xt—x=0 -l

4

Suy ra x = 0 hoac x = 4.
Vi x =0 thi y =0 (loai).
V6i x = 4 thi y = 4 (nhén).
Vay céc diém can tim 1a M (4;4).
Bai 2.
a) 5x2—7x+2=0
Tacéd: a+b+c=5+(-7)+2=0

Nén phuong trinh c6 2 nghiém x =1;x = A
a

W N

Vay x=Lx= % 1a nghiém cua phuong trinh.

b) (x—1)>+4=3x
X —2x+1+4-3x=0
¥ =5x+5=0
A=(-5)%-4-1.5=5>0
Nén phuong trinh ¢ 2 nghi¢m phén biét
. —b+y/A _—(=5)+5 _ 5+\B; . - —b-VA _—(-5)-+5 _ 5=
2a 2:1 2 2a 2:1 2

_5445 545
2 2

Vay x
Bai 3.
a) x>—5x+1=0
Tacd: A=b*—4ac=(-5)%-4.1.1=21>0
Nén phuong trinh ¢ 2 nghiém phan biét.

la nghiém cta phuong trinh.

b) Ap dung dinh i Viéte, ta c6: x, +x, = —% =5 x-x, = 5 =1.
Lai c6: x7 +x5 = (x; +%,)* —2xx, =5° —2.1=23.
T = x,(2026 — x;) + x, (2026 — x,) = 2026x, — x;* +2026x, — x,°
= 2026(x, +x,)— (%7 +x,>) = 2026-5-23=10107.
Bai 4.
Goi khéi lugng dung dich ¢ ngan 1 1a x (kg). Diéu kién: 0 < x < 500.



Vi khéi lugng dung dich trong bon 1a 500 kg nén khéi lugng dung dich 6 ngdn 2 1a 500—x (kg).

\ X R _ 10
Nong do phan tram cua muoi trong ngan 1 la: —.
X

Nong d6 phan tram ciia mudi trong ngan 2 1a:

500-x
Theo dit kién d& bai, ndng d6 mudi ctia ngin 1 16n hon ngan 2 1a 3% = i, nén ta c6 phuong trinh:
06 _3 10
x 500-x 100
1000(500 - x) 600x 3x(500-x)

100x(500 - x) - 100x(500 - x) - 100x(500 - x)
1000(500 - x)—600x = 3x(500 - x)

3x% —3100x + 500000 = 0

Giai phuong trinh trén ta dugc:

2 . Z. 2
e 5300 ~833,3 (loai vi khéi luong khong thé vuot qué 500 kg )

X, =200 (nhan)
Vay khéi lugng dung dich ¢ ngan 11a 200 kg;
khéi lwong dung dich & ngin 2 1a 500 —200 = 300 kg.
Bai 5.
a) Xét AAOB c6 AOB =90 nén AAOB vudng tai O.
Ap dung dinh 1y Pythagore: AB* = 04> + OB?

AB =~ OA* + OB?
AB =+/50° +50?

AB =+/5000

AB =~ 70,7cm.

Vay chiéu rong mat nudc khoang 70, 7cm.

Do dai phan 6ng cong bi ngap nudc chinh 1a d¢ dai cung nho 4B.

7Rn  3,14-50-90
180 180

b) Di¢n tich hinh quat tron AOB (S)):

ZR*n _ 7-50%-90
360 360

Dién tich tam gidc vudng AOB (S,):

Taco: £ = =178,5cm.

S, = =1962,5¢m”.
1 1 5

Sy = Sas08 =E-0A-OB =E'50'50 =1250 cm?.
Dién tich hinh vién phan (di¢n tich mat cit cua nuoc).
S=8,-8,=1962,5-1250 = 712,5cm".

Bai 6.

a) Taco: AABO vudngtai B (do AB la tiép tuyén)
nén AABO néi tiép duong tron duong kinh OA. (1)

@



Lai c6: AACO vuong tai C (do AC 1a tiép tuyén)

nén AACO noi tiép dudng tron duong kinh O4. (2)

T (1) va (2) suyra4 diém 4,B,0,C cung thujc duong tron duong kinh OA.

Do d6, tir gidc ABOC ndi tiép duong tron.

Ta lai co:

AB = AC (tinh chat 2 tiép tuyén cét nhau tai A)

OB=0C=R

Suy ra OA la duong trung truc cia BC.

Nén 04 1 BC tai trung diém H hay AHB =90°.
b) Xét AABO va AAHB c6

{E‘l?) chung 10} HT A

ABO = AHB =90°

Suy ra AABO » AAHB (g.g) o [
AB A0 )

Nén —=—— hay 4B =AH-A0 (3 I
AH 4B ) D @

Tacé: BED =90° (gbc ndi tiép chén nira duong tron)
Nén AEB =90°.
Xét AABD va AAEB ¢6
BAD chung
{A/BB = AEB =90°
Suy ra AABD « AAEB (g.g)

Nen 28 =% hay AB?> = AE.AD (4)

AE
Tu (3) va (4) suyra AH-AO = AE- AD hay ﬁzﬂ
AD A0

Xét AAHE va AADO co

04D chung

AH AE
—=—— (cmt)
AD AO

Suy ra AAHE « AADO (c.g.c)
Nén AHE = ADB (dpcm)
¢) Taco: BCD = BED =90° (goc ndi tiép chén nira dudng tron duong kinh BD ).
Xét ABID c6 BC va DE la dudng cao cit nhau tai F.
Nén F la tryc tm ctia ABID
Suy ra [F 1a dudng cao thur ba.
Do d6, FI L BD ma AB L OB
Suy ra IF//AB.
Xét AABO vuong tai B c6: OA* = AB* + OB? (dinh li Pythagore)



AB =NOA> —0B® =\JQR)* -R> = R\3

2 2
Do (3) néntaco AH:Ai=3i=3_R
04 2R 2

Ma S, 50 =%BH~OA =%AB-OB

Suy ra BH-OA= AB-OB

AB-OB _R3-R _R\3
04 2R 2

Nén BH =

Va H latrung diém cia BC nén HC = BH = va BC=2BH =R\3.

RS3
2

Xét ABCD vudng tai C c¢6: BD* = BC* + DC? (dinh li Pythagore)

Nén DC =+BD? - BC? =J2R)* —(R\3)? =R.

Hon nita, OA // DC (vi cing vuéng goc BC ) nén HAF = CDF (so le trong)
Xét ADCF va AAHF cé

DFC = AFH (hai géc d6i dinh)

CDF = HAF (cmt)

Suy ra ADCF » AAHF (g.g)

. FC DC
Nén —=——
FH AH
ek 2
FH 3R 3
2 3
Suy ra FH =5FC.
Ma HC:FC+FH:FC+%FC:§FC:R;/§ nén FC=R?\/§.

Mat khac, CIF = CBD (cung phu voi BDC )
Xét AICF va ABCD co6

ICF = BCD = 90°
{C/’j;' = CBD (cmt)
Suy ra AICF « ABCD (g.g)
, I _FC

BD DC
_BD -FC

DC

R\3

F=— 3
R

2R3

5

Né

IF

IF



HUGNG DAN GIAI BE GIUA HOC Ki I1 - DE SO 9

Bai 1. (P) AY
a) Lap bang gia tri. q

x 4 2 0 2 4 N :

. ! |

y=—x 8 2 0 2 8 ‘ i

2 i ;

Db thi (P) duoe vé nhu hinh. : |

b) Hoanh d¢ giao diém ctia dd thi ham sé y=x va (P)la ! |

nghiém cta phuong trinh %xz =Xx i 2 i

1 —x=0 : : : .

2 : : | I

1 1 1 1 |= X

x =0 hoac %x—1=o
x=0 hoac x=2
Vo6i x=0 suyra y=0
Vo6i x=2 suyra y=2
Vay toa d¢ giao diém 1a (0;0) va (2;2).
Bai 2.
a) 2x*-3x-5=0 (a=2b=-3;c=-5)
Tacdb a—b+c=2+3-5=0
Nén x; =-1 va x, =_—c=§.
a 2
b) (2x—l)2=x2+3x
4x* —4x+1-x*-3x=0
3x* = Tx+1=0 (a=3b=-T;c=1)
A=b*—dac=49-12=37>0

—b+\/K_7+\/§‘x _—b—x/Z_7—\/ﬁ
2a e -

Nén phuong trinh ¢6 hai nghiém phan biét x, = : 3 .
a

Bai 3.
3x2—4x-6=0 (a=3;b=—4c=-6)
a) A=b> —4ac=16+72=88>0
Nén phuong trinh c6 hai nghiém phan biét.

. . -b 4
b) Theo dinh li Viete, ta co: x; +x, = b 5 va XXy =—=-2
a a

(9}

2 2
M= xl2 +x22 —3xx, = (x1 +x2) =2x1%, =3x%, = (xl +x2) - 5x,%,



Bai 4.
Goi chiéu rong ciia can phong 1a x (m) (x>0).
Khi d6 chiéu dai cta cin phong 1a % (m).
Dién tich cin phong 1a 80m?, nén tién l4t nén 1a 220000. 80 = 17600000 (ddng)

. " . 5 80
Do ctra ra vao rong 1,2 m , khong ldp len nén chiéu dai len can dung 12 2(x+—j -1,2 (m)
x

Tién 1&p len chan tuong 1a 20.95000 + 90%.95000.[2 (x + @J ~1,2- 20} (déng)
X

Theo dé bai, ta c6 phuong trinh:

17600000420.95000 +90%.95000. |:2 (x + &j -1,2- 20} =20765400

X

19500000 + 85500[2(“% - 21,2} =20765400
X
80
85500| 2(x+—)—21,2 | =1265400
X

2(x+8—0)—21,2=14,8
X

x+@:18
X

x> —18x+80=0
Giai phuong trinh ta dugc x;, =8 va x, =10.

Véi x; =8 thi chiéu daila 10 m (nhan)
Véi x, =10 thi chidu dai 1a 8 m (loai vi chiéu dai bé hon chiéu rong)
Vay chiéu rong va chiéu dai cua can phong 1a 8 m va 10 m.
Bai S.
Ta c6 AOC =24BC =2.50° =100° (gbc & tam va goc ndi tiép ctng chan cung AC)
K¢ duong cao OE ciia AAOC céantai O (vi OA=0C =3 cm)
Suy ra OF ciing 1a duong phan gic va trung tuyén.
Nén AOE =50° .

Trong tam giac vuong AOE co6:

sin AOE = % suy ra AE = AO.sin AOE =3.sin50°, nén AC = 2AE = 6.sin 50°

Va cosﬁ 23—5 nén OF = AO.COS@ =3.cos50°

Dién tich AAOC la %OE.AC = %.3 €0s50°.6sin 50° = 9 cos 50°.sin 50°
2
Dién tich hinh quat 40C 1a 282 22100 5 o (em?)
360 360

Vay dién tich hinh vién phan 1a 2,57 —9c0s50°.sin 50° ~ 3,42 (cmz)

O,



Bai 6.

a)

b)

Chirng minh tir gidc AFHE la tit gidc ni tiép va AF.AB = AH.AD.

* AAFH vudngtai F (gt) c6 M 1a trung diém cia 4H nén 4,F,H thudc duong tron tim M
duong kinh AH (1)

AAEH vubng tai E (gt) co6 M 1a trung diém ciia AH nén A,E,H thudc duong tron tim M dudng
kinh 4H (2)

Tir (1) va (2) suy ra ti gidc AFHE 1a tir giac noi tiép duong tron dudng kinh AH.

* Xét AAFH va AADB ¢6 A chung va AFH = ADC =90°

Nén AAFH « AADB (g-g)

Suy ra AF = Al hay AF.AB = AH.AD.
AD AB

Chimg minh ZBE + ZCF = ABE va BZ 1 CZ .

Chirng minh tuong tu ta c6 cac t gidc BFHD ; CEHD ; BFEC 1an lugt noi tiép cac dudng tron duong
kinh BH ; CH ; BC .

Goi Z 1a giao diém cta hai dudng phén giac FBE ,fﬁ .

Xét duong tron duong kinh BC co FBE = FCE (hai goc ndi tiép cung chin cung FE )

ABE  ACF — A

Ta ¢6 1?1+51=T+T=ABE.

Mit khéc B, = HAE (cing phy ACB)va C, = HAF (cing phy ABC)
Do do E+a+§;+a=ﬁ+}m+}ﬁ=90°

Nén AZBC vuong tai Z .

Suyra BZ 1 CZ.

Chirng minh M ,Z,N thdng hang.

T AZBC vudng tai Z suy ra Z thudc duong tron tdm N
duong kinh BC .

Ta lai c6 l/?;:@(vi F/B\C=F/’C§)

3

Nén trong duong tron tam N c6 FZ=ZE B
Do d6 FNZ = ZNE (hai goc & tim chén hai cung FZ=2ZE )
Xét AFNZ va AENZ cé

FN = NE (bang ban kinh duong tron tim N); FNZ = ZNE (cmt); NZ chung
Suy ra AFNZ =AENZ (c-g-c)
Nén FZ =ZE 3)

Trong dudng tron tam M va tdm N co:
MF = ME; NF = NE (cung bang ban kinh) 4)

Tir (3) va (4)suyra M,Z, N cung thudc dudng trung truc cua doan thing EF, nén M, Z, N thing hang.

®



HUGNG DAN GIAI DE CUGI HOC Ki Il - BE S0 5

Bai 1. A
, Ay
a) Lap bang gia tri cia ham so.
1
x 4 2 0 2 4 x
| S5 4 3 2 -ro 1 2 3 4 5
y=7¥ 8 2 0 -2 -8 WA
i | HE— DS I %
D06 thi ham s6 (P) duoc vé nhu hinh. /
b) Goi M (x,2x)la diém thuoc (P). / N
Thay vao (P)ta dugc: _4
2x = _—1x2 / = ‘
x2 + 4x = 0 :’,:" -6 \:xy
x=0hay x=-4 / -7 |
Véi x=0 suyra y=2.0=0 (loai) , 8 ¢
Voéi x=—-4 suyra y=2.(-4)=-8 (nhan) o
Vay M(~4,-8) thudc (P).
ay M( ) thude (P) o P)

Bai 2.
a) Tacod: A=b*>—4ac=(-4)>-4.3.(-6)=88>0
Suy ra phuong trinh luén c6 2 nghiém phan biét x;, x, .

b) Vi phuong trinh ludén c6 2 nghi¢m phan biét

-b 4
x1+x2=—=§
Nén theo dinh 1i Viéte, ta co:
XX —£=_—6=—2
1=
2 2
A= 4 20 62y 6yl
x2_3 xl_
2x2 —6x,+2x3 —6
A=A NN 705 —6x12x2 —6x1x§

X%y —3x—3x, +9

= 208 +) = 6(x; +x,)

—6x%,(x; +x
X%, =3(x +x,)+9 1725+ %2)

2| (x +%,)? =25, |- 6(x; +x,)
= —6x,%, (% +x,)
XX, =3(x; +x,)+9

CERE

—2—3-ﬂ+9
3

4_ 4o

A: —_=
327

—6-(-2)-

Bai 3.

a) Trudng trung hoc co so X ¢6 tong cong l1a
221+252+138+131="742 (hoc sinh)

b) S6 cac két qua co thé xay rala n(Q) =742 .

@



S cac két qua thuan loi ciia bién cd A 1a n(4)=131.

Xéc suit cua bién ¢ 4 la: P(4) = () = E .

n(Q) 742
S6 cac két qua thuan loi ciia bién ¢6 B 1a: n(B) =221+138=359.
Xac sudt ciia bién b B la: p(B)="B) -39

n(Q) 742

Bai 4.
a) Biéu thirc biéu thi dién tich trong hoa 1a

S =(x—4)(x+6)=x> +2x—24 (m?)
b) Khi dién tich trong hoa 1a 936 m? thi

x> +2x-24=936

x> +2x-960 =0

x =30 hay x=-32 (loai)

Vay chiéu rong khu vuron 14 30 m.

Chiéu dai khu vuon 1a 30+10=40m .
Bai 5.
a) Ban kinh mat day cta thung la: 3,6:2=1,8 dm.

Dién tich xung quanh ciia thung 1a: S = 2777k = 27.1,8.4 ~ 45,2 dm? .
b) D6i 1,5 m® =1500 dm?

Thé tich cua thung 13: V = zr°h = 7.1,8°.4=12,967 dm” .

S6 thing nudc can ding 1a: 1500 : (90%.12,967) ~ 40,9 ~ 41 thung.

Vay bac Nam can phai d it nhat 41 thung thi day bé chira.
Bai 6.

Goi x (ngay) la s6 ngay doi 1 lam riéng thi hoan thanh cong viéc.

y (ngay) la s6 ngay doi 2 1am riéng thi hoan thanh cong viéc.
z (ngay) la sé ngay doi 3 lam riéng thi hoan thanh cong viéc.

biéu kién: x;y;z>0

Ning sudt lam trong 1 ngay cuia doi 1 la: %
Ning suét lam trong 1 ngay cua doi 2 la: %

Ning suat 1am trong 1 ngay ciia doi 3 1a: 1
r Z 4
Vi nang suat doi 3 1a trung binh cng ctia nang suat doi 1 va doi 2 nén
I 1(1 1 I 1 2
—=—|—+—| hay —+—=—
z 2\x y X y z
Lai ¢6 néu ba doi lam chung dugc 4 ngay thi doi ba dugc diéu dong lam cong viéc khac, hai doi con lai

cung lam thém 12 ngay nira thi hoan thanh céng viéc nén:

4.(1+1+1]+12.[1+1J=1
X y z Xy



ZE 7 z
12 24
—+—-=1
z z
36

z

1

z=36

= ’ A X+ 2a: 1r 1 A [N N 5+ A A £ , A
Mat khac, néu moi doi lam 5 cong viéc thi phai mat 37 ngay mdi xong, tuc la

2 242 37
3 3 3
X, Y,36 5,
3 3 3
XY 95
3 3
x+y=75
1 1 2
Matadaco: —+—=—
X y z
x+y 2 1
xy 36 18

xy =18(x+y) =18.75=1350
Vay x, y la hai nghiém cua phuong trinh: X 275X +1350=0
Phuong trinh c6 2 nghiém X, =30; X, =45.
Vi nang suét doi 1 cao hon nang suét doi 2 nén l > l; tacla y>x.
Nén tr phuong trinh trén ta chon x =30;y =45 x
Vay néu lam riéng thi doi 1 hoan thanh cong viéc trong 30 ngay, doi 2 hoan thanh cong viéc trong 45
ngay, doi 3 hoan thanh cong viéc trong 36 ngay.
Bai 7.
a) Chirng minh ABDC;ABEC la cdc tam gidc vudng va tir giae ADHE néi tiép.
Ta co:
BDC = BEC =90° (g6c ndi tiép chin nira dudng tron) A
Nén ABDC, ABEC 1a cac tam giac vuong
Ma BDC + ADC =180°, BEC + AEB =180° (hai goc k& b)) D
Nén ADC =90°, AEB = 90°
Suy ra AADH, AAEH la cac tam giac vuong.
Do d6 AADH, AAEH nbi tiép duong tron dudng kinh AH .
Vay tir gidc ADHE ndi tiép dudng tron dudng kinh AH .
b) Chitng minh HB.DE = HD.BC va 3 diém M;I;D thing hang.
Xét AHDE va AHBC , ta co:
DHE = BHC ( hai géc dbi dinh)
EDH = CBH (cung chin cung EC trong duong tron (O))
Suy ra AHDE «» AHBC (goc — gbc)
@®

B F o Cc



Nén @zg hay HD-BC = HB-DE
HB BC

Xét AABC c6 BE va CD la hai dudng cao cit nhau tai H .
Nén A4H la dudng cao thir ba.
Suyra AH | BC tai F .
Xét AADH vuodng tai D co DI 1a duong trung tuyén.
Nén DI=AI=IH=%AH.
Suy ra AADI cantai I nén IAD =1IDA.
Lai c6 AOBD cantai O (do OB=0OD=R)
Nén OBD = ODB
ODB+IDA = OBD + IAD = 90°
DO = 90°
Ma MDO = MCO =90° (tinh chat ddi ximg ctia dudng trung truc)
Vay M;I;D thiang hang.
¢) Tinh do dai HK theo a.
Xét ABDC vuong tai D cé
BD = BC-cos DBC =2a-c0s60° = a
DC = BC-sin DBC = 2a-sin60° = a~/3

CF = BC—BF =2q-2_
4 4

Xét ACDB va ACFH , ta co
CDB = CFH =90°

BCD chung
Suy ra ACDB « ACFH (goc — gbc) 5
a-—da
on ZE_CF qodo gp-ZDCF__4 _ 5@
BD CD CD a3 43
ABFH vuéng tai F nén BH = BF? + HF? = /%az +%a2 = “2*/\/1? .

. 1
ABDH vuéng tai D nén DH =~ BH? — BD? = /éaZ e =%.

Chimg minh dugc tr giac BDHF ndi tiép duong tron duong kinh BH (vi AHDB, AHFB 1a cic tam
giac vuong)

Suy ra HDF = HBF (cing chin cung HF cia duong tron duong kinh BH)

Chting minh dugc AHDK « AHBF (goéc — goc)

a Sa
Nén @zﬂ,dOd(’) HK:HDHF: 2\/3 4\/5 :Sa@'
HD HK HB a13 156
23



HUGNG DAN GIAI DE CUGI HOCKIII - DESO 6
Bai 1.

a) Lap bang gia tri:

D6 thi ham s6 (P) duge v& nhu hinh.
b) Goi A(x; x—1)la diém thudc (P).

Thay vao (P)ta dugc:
2

x—1l=—x
4

X2 —4x+4=0

(x-2)*=0

x-2=0

x=2

y=x-1=2-1=1

Vay diém A(2;1) 1a diém can tim.
Bai 2. Cho phuong trinh 2x* +15x+8=0.
a) Taco: A=b*—4ac=(15)*-42.8=161>0
Vay phuong trinh luén c6 2 nghiém phan biét x;;x, .

b) Vi phuong trinh [uén cé 2 nghi¢m phan biét nén theo dinh 1i Victe ta co:

X+ X, b
a 2
04 === =
A=4x.(x, +x,)+4x3 -6

A=4x" +4x.x, +4x3 -6

A:4(x12+x§)+4x1x2—6

A= 4[(x1 +x, )2 —2x1x2J+4x1x2 -6

~15)
Az{(Tj —2-4}+4-4—6=203

Bai 3.
Nhin vio biéu do ta thiy sb hoc sinh tham gia thé thao & cac khdi 16p
L6p 6 co tat ca: 7 nam + 9 nir = 16 hoc sinh
Lé6p 7 c6 tit ca: 9 nam + 7 nir = 16 hoc sinh
L6p 8 ¢o tat ca: 9 nam + 10 nit = 19 hoc sinh

L6p 9 c6 tat ca: 10 nam + 8 nit = 18 hoc sinh

O]



Khong gian mau 1a 16 + 16 + 19 + 18 = 69 hoc sinh.
a) A: “Hoc sinh dugc chon la nam”
S6 két qua thuén loi cho bién cd 4 1a: 7+ 9 + 9 + 10 = 35 hoc sinh

Xéc suat cta bién ¢ 4 1a: P(A) =% .

b) B: “Hoc sinh dugc chon la nit va khong thudc khéi 97
S6 két qua thuan lgi cho bién ¢ B1a: 9+ 7+ 10 = 26 hoc sinh

. 1 2
Xac suat cua bién co B la: P(B)=6—g .

Bai 4.
a) Viét biéu thire thu gon dién tich phin bi cét bo theo x biét 7 ~ 3,14

2
Dién tich phan bi cit bo la: x> —3,14- G) =0,215x".

b) Vi dién tich phan bi bo di bing 344 cm® nén ta co:
0,215x =344
x? =1600
x = 40 hay x = —40
Vay d6 dai canh cta tam bia 1 40 cm.
Bai 5.
a) Thé tich trong li nudc lac dau 1a: 7.3%.5 = 457 ~141,4 cm®
b) Thé tich mdi vién bi sit 1a: ¥ = %;z. P = %n (cm®)

Chiéu cao ctia myc nude trong li sau khi tha 6 vién bi vao la 4 = 7= 3 ~~—cm
7R -3

Chiéu cao ctia myc nude trong li sau khi tha 6 vién bi vao li khoang % cm.
Bai 6.
Goi x (h) 1a thoi gian chay ddy bé tinh riéng voi thir nhat. Diéu kién: x > 8
Thoi gian chay day bé tinh riéng cta voi thi hai 1a: x+10 (h).
Thoi gian chay day bé tinh riéng cta voi thir ba la: x—8 (h) .
Néu voi thir nhét va voi thir hai ciing cung cap nudc thi thoi gian 1am day bé bang véi thoi gian voi thi
ba lam déy bé, nghia 13 lvong nudc chay vao ciia voi 1 va voi 2 trong mot gid bang véi lugng nude cia

voi 3 chay vao trong 1 gid nén ta co:
1 1 1

x x+10 x-8
(x+10)(x —8) + x(x —8) = x(x+10)

x* —8x+10x—-80+x> —8x—x> —10x=0
x* —16x-80=0

x =20 hayx=-4

Véi x>8, chon x =20.




Bai 7.

a)

b)

1 1 1
Vay trong 1 gi0 ca ba voi chay cung luc dugc: —+—+—
ay glg Yy g 0 30 2

Do vay, ca ba voi chay cung lac thi sau 6 gid s& diy bé.

Ta co:

AB = AC (tinh chét 2 tiép tuyén cattai A)
OB=0C=R

Suy ra OA 1a duong trung tryc cia BC .

Nén OA vuodng goc voi BC tai H .

Taco6 AODE cantai O c¢6 OI 1a dudong trung tuyén.

Vay AABO, AAIO, AACO 1a cic tam giéc vudng, nén cac tam gidc ndy ndi tiép dudng tron dudng kinh OA .
Vay 5 dinh A4;B;1;0;C cung thuoc duong tron duong kinh O4 .

Xét AACH va AAOC

AHC = 4CO = 90°

0AC goc chung

Suy ra AACH @ AAOC (goc — gbc)
. AH AC

Nén =— == hay 4H - 40 = AC? (1)
AC 40

Ta c6 CDE =90° (goc noi tiép chan nira dudng tron)

ADC =180°— CDE =180°-90°=90° (2 goc k& bu)

Chirng minh tuong tu ta dugc AACD «» AAEC (goc — goc).

Nén AE-AD = AC?* (2)

Tu (1) va (2) suyra AH-AO = AE-AD (3)

Xét AASH va AAOI tacod

HAS = 041 (g6c chung)

AHS = 410 = 90°

Suy ra AASH < AAOI (goc — goc)

Nen A3 _AH \ov AS- AT = AH - 40 ()
AO Al

Tu (3) va (4)suyra: AS-Al = AE-AD.

Gia su:

2 1,1

AS AD AE

2 _AE+A4D

AS  AD-AE

i_ Al +1E+ Al - ID

AS AD-AE

2 24l

AS AD-AE




Al-AS = AD- AE (*¥)

Ma (**) ding theo ching minh trén nén (*) ding.
c) Xét duong tron (O), ta cod

BDE = BCE (2 goc ndi tiép cung chin cung BE)

Xét duong tron duong kinh OA4

BIA=BCA (2 gbc ndi tiép cung chin cung AB)

Vay BDE + BIA = BCE + BCA = 90°

Suy ra ABDI vudng tai B .

Khi OA =3R, tinh duogc

AC =JO4> —0C? =\J9R? —R?* =\8R* =22R :

AE =\ 4C? + CE? =\J@V2R)? + 2R)* =\12R* =243R ;
Lai c¢6: AC? = AD- AE

2 2
poAC’ _ 8R =4ﬁR
AE

\/_R

CD =\ AC? - 4D? =

DE =\CE? - CD* = [4R’ —%RZ _28

23R
DE_ 3 7 _\3

DI === — -N°Rr
% % 3
CH:AC.oczzﬁR.RzzﬁR; BC —2CH 2. 2fR=4f
04 3R 3 3 3
2 2
on =9 R _R. pr_rom-2g
04 3R 3 3
D
AB-BE NERER 22
BD = -
AE 23R 3[
BI =D*—pB? = &
33

Scpsr =Scor +Spsr

Scpst :%CD~DI+%BD~BI

_12V6, V3, 12V2, 1,
CDBI 7 3 3 2 3\/— \/—
V2 o N2 10V2 4,

Sepp =3 27 27



HUGNG DAN GIAI DE cUGI HOC Ki II - BE S0 7

Bai 1.
a) Lap bang gia tri: AY
X =2 | -1 0 1 2 13
= =l 1 2 T
W= _x2 —4 -1 0 -1 —4 t f 0 1 | >
- I 1 1 |
b6 thi (P) dugc v€ nhu hinh. : RY B I
. I
b) Taco: |y|=2025 nén y=2025 (/) hay y = —2025 (n) ket ! I
I
hop v6i y = —x*, ta dugce : -2 I
I
—x* =-2025 ' _3 .
! 1
x> =2025 i ,
Giai phuong trinh ta dugc x =45 hay x = —45. TTTATTTT EP)
Vay cdc diém can tim 1a M (45;-2025); M (—45;-2025).
Bai 2.

a) 4x>—2x-1=0
Taco: A=b? —4ac =(-2)* —4-4-(~1)=20> 0 nén phuong trinh c6 2 nghiém phan biét x,,x,.
1) o Gl CHAID I TEHE, (9 68 23y = omg 5oy = o,
a 2 a 4
1y 1\ 3
Suyra x2 +x2 =(x +x,)° —2xx, =| = | =2:| —|==.
Yy 1 5 =(x+x,) 1%2 2 4 4

1
T=(x-x) —x [xl — = (6 +x3)—2x,%, — % (% —x —x;)

2, .2 ) 31 2026 2025

=(x; +x7)=2x%, + X%, = (X +X5)—Xx%y =—+—=1=—->——,

B“3(1 2) 1% + X% = (X 5) = XXy 272 2026 2026
ai 3.

a)
Tan s6 5 7 9 4 N =25
Tan sb twong dbi 20% 28% 44% 16%

Cot 1:215'100% =20% nén dung.

Cot 2: %-100% = 28% nén dung.

Cot 3: %-100% =36% # 44% nén sai.

Cot 4: 2;‘;_ 100% =16% nén dung.
b) Taco: Q= {(56);(6;5);(5;8);(8;5);(5;9);(9;5);(6;8); (8; 6); (6;9); (9; 6);(8;9); (9; 8)
nén n(Q) =12.
Vi l4y ngdu nhién 1 tdm thé nén cac két qua ctua khong gian mau la dong kha ning.
Bién ¢ T: “Tich cc s6 ghi trén hai tAm the 1a sb 1¢” suy ra c6 02 két qua thuan loi: T = {(5;9);(9;5)}.

Do do: P(T):%:%:%.

®



Bién c¢6 M: “Téng cac s6 ghi trén hai tAm thé 1a s6 nguyén t6” suy ra c6 06 két qua thuan loi:
M ={(5:6):(6:5);(5;8):(8:5);(8;9):(9;8)} .
nM) 6 1

Do d6: P(M) = =—.
n(Q) 12 2

Bai 4.
a) Thé tich long bé 1a ¥, = zr*h = 3,14-1,1> 1,66 = 6,307004 m® = 6307,004 [
Vay bé chira dugc nhiéu nhit khoang 6307 / nudc.
b) Thé tich bé tong 1a ¥V, -V, = zR*h' — zr*h
~ 3,14[(1,1 +0,1)% - (1,66 +0,04) — 1,12 -1,66]
~1,379716 m’
S tién mua bé tong khoang 1,379716.1050000 ~ 1448702 ddng < 1500000 ddng nén anh Huy du tién
mua bé tong tuoi dé lam bé nudc trén.
Bai 5.

Goi x (mét) 1a bé rong cua 16i di dao bao quanh khu vudn.
(Piéu kién: 0 < x<175= 7,5)
Chiéu dai ciia phan 15i khu vuon: 20—2x (m)
Chiéu rong ctia phan 16i khu vuon: 15— 2x (m)
Theo ban thiét ké, dién tich ph?ln 161 béng 150 m2, ta co phuong trinh:
(20-2x)(15-2x) =150
300—40x —30x +4x* =150
4x* =70x+150=0
2x* -35x+75=0
Giai phuong trinh trén ta duge: x =15 (loai vi x<7,5); x=2,5 (nhén)
Do d6, bé rong cua 16i di dao xung quanh khu vuon sinh thai theo thiétké 1a 2,5 m.
Bai 6.
a) Ham s6 tong chi phi C (x) bao gdm chi phi cd dinh va chi phi bién d6i (gia cong san pham):
C(x)=150000000+65000x dong
Ham s6 tong doanh thu R(x) béng s luong san pham bén ra nhan véi gid ban.
R(x)=120000x dong
Dé cong ty bét diu hoa von thi tong doanh thu phai bang tong chi phi, nghia la:
R(x)=C(x)
120000x = 150000000 + 65000
55000x =150000000
150000000

55000
Vay cong ty can san xuat va ban ra it nhat 2728 binh giit nhiét mdi thang dé khong bi 15.

~2727,(27)

b) Goi y( ye N*) 1a s6 luong binh gitt nhiét sidu thi can dat hang.
Gia ban si cua binh: 120000-(100% —15%) =102 000 dong
Loi nhuan gop trén mdi binh ban si: (Gia ban si) — (Chi phi gia cong 1 binh)
102000 — 65000 = 37000 dong
Téng loi nhudn rong tir hop dong:

®



Loi nhuén rong = (Téng loi nhuan gop tir y binh) — (Chi phi khudn in méi)
nén L(y)=37000y—-28500000 (dong)
Vi loi nhuan rong phai dat it nhat 40000000 ddng nén ta c6 bit phuong trinh:
37000y —28500000 > 40000000
37000y = 68500000
y2 68500000 =1851,(351)
Vay cong ty can yéu cau siéu thi dat hang véi s6 lwong tdi thiéu 1a 1852 binh dé dap tmg duogc bién do

loi nhu4n dé ra.

Bai 7.

a)

b)

Ta co: ACM =90° (g6c noi tiép chin nira duong tron)

CAM chung
Xét AAECvaAACM ,tacd: {

AEC = ACM =90°
Suy ra AAEC »» AACM (goc — gbc)
AE  AC

Nén == =" hay AC? = AE- AM
AC  AM

Xét AADC vudng tai D (do CD la dudng cao) nén AADC ndi tiép dudng tron duong kinh AC. (1)
Xét AAEC vuong tai E (do CE L AM )nén AAEC ndi tiép dudng tron duong kinh AC. (2)
Tur (1) va (2) suyra4diém 4,C,E,D cung thugc dudng tron dudng kinh AC.
Do d6, tir gidc ACED ndi tiép.
Xét AADH vudngtai D (do CD 1a dudng cao) nén AADH ndi tiép duong tron dudng kinh AH. (3)
Xét AAKH vuéng tai K (do BK L AC ) nén AAKH ndi tiép dudng tron dudng kinh AH. (4)
Tir (3) va (4) suyra4 diém A,D,H,K cung thuoc dudng tron duong kinh AH.
Do &6, tir giac ADHK noi tiép.
Nén BAC + DHK =180°
Ma CED+ BAC =180° (do ACED ndi tiép) (5)
Vay CED = DHK (vi cung bu BAC ).
Vi 4,B,M,C (0) nén ABMC ni tip suy ra BMC + BAC =180° (6)
Tur (5) va (6) chota BMC = CED.
Hon nira, MBC = MAC (2 gbc noi tiép cung chan cung MC)
va MAC = EDC (2 goc noi tiép cung chan cung EC ciia ACED ndi tiép)
Suy ra EDC = MBC .
Xét AEDC va AMBC co
{E\—/I\C = CED (cmt)
EDC = MBC (cmt)
Suy ra AEDC > AMBC (gbc — gbc)

ED _DC .y DE-BC=DC-BM. (dpem)
MB  BC

T gide ADHK ndi tiép duong tron duong kinh 4H.

Nén

Do d6, duong tron ngoai tiép ADHK ciing chinh 14 duong tron ngoai tiép tir gisc ADHK nén ban kinh

. AH
duong tron ngoai tiép ADHK 1a =

®




Lai ¢6: 60° = BAC :%ﬁ suy ra BOC =2-60°=120° nén BC = R+/3.

Xét AABC co6 BK,CD 1a hai duong cao nén H 1a tryc tdm cua A4ABC.
Suy ra AH vudng goc véi BC.
Nén HAK = KBC (cung phu voi BCK )
Xét AMKH va ABKC co
{ﬁ = BKC =90°

HAK = KBC (cmt)
Suy ra AAKH « ABKC (goc — goc)

én AK _AH

BK BC AKAH
Xét AAKB vudng tai K c6 cot BAC =——=

BK BC’
Suy ra A4H = BC -cot BAC .
Hay AH = R~/3-cot60° =R
Vay béan kinh duong tron ngoai tiép ADHK 1a A = §
K¢ thém duong kinh CF cua (O).
Ta co: AFC = ABC = 45° (2 goc ndi tiép cung chin cung AC)
Xét AAFC vudng tai A (do FAC =90° goc ndi tiép chin nira duong tron) c6
AC = CF -sin AFC = 2R -sin45° = R\2
Goi I 1a trung diém cua AC, khi d6, I 1a tim duong tron ngoai tiép tir giac ACED.
AC_RV2
2

2

Ban kinh dudng tron ngoai tiép tir gidc ACED 1a r =

Xét AADC vuodng tai D co CAD = 60° suy ra ACD =30°.

Goc noi tiép chan cung 4D 1a 30° nén goc & tim tuong tng la AID = 2.30° = 60°
va IAD = 60°% 14 =ID = r nén AAID déu.
W, £[_f] R

4 4 | 2 ) 4 8

Vay Syp = %

Lai c6: MAC = EAC =90°— AMC =90°— ABC =90°—45° = 45°
Ma gbc ndi tiép chan cung EC 13 45° nén goc & tim twong g EIC =2-45°=90°
Suy ra AIEC vudng tai [

1
Vay S, =—1IE- IC:—r r=—
dy Oc = 5 5 B {

RV2) R?
e

Hon nita, goc & tim chin cung DE 1a DIE = 180° — AID — EIC = 180° — 60° —90° = 30°
Trong AIDE, ké thém duong cao DK (K € IE) .
Xét AIKD vudng tai K c6 DK =ID.sin30° =—

2
2
.r:lrz :l{R_\E] :R_2 )
4 4

1
Vay Sppp = DK -IE =

l\.)l»—‘

1
2
Tir (7), (8) va (9) suyra

2 8

R2J5+R2 R R*(3+3)

Sacep =Sup +Smpe +SEc = . ?JFT = 3

@
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Bai 1.
a) Lapbanggiatre: 8‘5{ o (P)
x EN R ; .| y=2x2),
1 1
y=2x> 8 2 0 2 8 : - :
1 1
b thi (P) duoc v& nhu hinh. ; 5 |
1 1
b) Ta goi diém M c6 dang M (x;x+1). : 4 '
Ta co: M(x;x+1)e(P):y=2x2 i 3 i
1 1
Nén x+1=2x> hay 2x*> —x—1=0 0 P - !
Giai phuong trinh ta duge x; =1;x, = _71 . " ' | ] :
1 1 1 1
Suyray1=2;y2=l. i ; : L
2 =2 -1 ol 1 2 ©

Vay c6 hai diém M can tim la (1;2) va (_71%)
Bai 2.
a) Vi a-c=2-(-3)=-6<0nén phuong trinh c6 hai nghiém phén biét.

. . -b 5 -3
b) Theo dinh li Viete, ta co: x; +x, =3 va X - X, =£==
a

5 °
M=X1—3+X2—3=x1(x1_3)+x2(x2_3) =x12—3x1+x22—3x2
X X Xyt X XXy

s\ .3 .5

2 2 —p.2_3.2
C(mAx) —2x0x -3(xn+x) |2 2 2_7
xl.X2 _3 6

Bai 3.
a) Toéng s6 lugt muon sach trong 5 ngay 1a: 48 + 42 + 55 + 50 + 45 = 240 (luot)
S6 lugt muon sach trung binh mdi ngay 1a: 240 : 5 = 48 (lugt/ngay)
3

b) Xac sut @& mot luot muon sach 13 lwot muon sach tham khao 1a: P = DT 0,75

V6i tong sb luot muon dy kién 1a 4500 luot va ti 16 muon sach tham khao khong ddi 1a 0,75 thi s6
luot muon sach tham khao dy doan 1a 4500-0,75 =3375 (luot).
Bai 4.
a) Chiéu cao ctia bé d5 1a 0,6.1,5=0,9 m
Nén duong kinh qua cau 1a 0,9 m
Suy ra ban kinh qua cau 0,45 m
Vay dién tich cAn danh bong 1a S = 47R* = 47-0,45% = %ﬂ' ~2,54 m?

. \ 81 9
b) SO hop sap can dung —7:0,45==7~ 5,65
) Op sap £ 700 5

Vi phai mua nguyén hop nén ta can mua it nhat 6 hop.

S6 tién can tra la 6-180000 =1080000 dong

®



Bai 5.

a)

b)

x(x+16)  x* +88x

Dién tich cta khu dat 1a: 36x+ >

(m?)

Theo dé ta c6 dién tich khu dat 1a: 27000000 _ g 12
25000

2
Ta c6 phuong trinh %88)( =1080

x> +88x-2160=0

Giai ra ta dugc x; =20 (nhan) va x, =—108 (loai)

Vay x=20.

Bai 6.

a)

b)

Goi dién tich khu nghi dudng 1a x (ha) va dién tich khu bao ton 1a y (ha).(x >0,y > 0)
Vi tong dién tich hai khu 12 90 hanén ta c6 x+y =90 (1)

Vi ba lan dién tich khu nghi dudng cong véi dién tich khu bao t6n bang 150 ha, ta co
3x+y =150 (2)

x+y=90

Tu (1) va (2) ta c6 hé phuong trinh .
(Dva(2) ¢ phuong {3x+y:150

Giai h¢ phuong trinh trén ta dugc {x 236(()) (nhan).

Vay dién tich khu nghi dudng 14 30 ha va khu béao ton 12 60 ha.

Luong khéach thuc té & khu nghi dudng 1a: 30-95-90% = 2565 khach

Luong khach thyc té & khu bao ton 1a: 60-12-90% = 648 khach

Doanh thu duy kién cua khu nghi dudng 1a: 2565680000 = 1744200000 dong
Doanh thu dy kién ctia khu bao ton 1a: 648-210000 = 136080000 dong

Téng doanh thu hai khu 1a 1744200000+ 136080000 = 1880280000 ddng.

Bai 7.

a)

b)

AABO vubng tai B (vi AB la tiép tuyén)

Suy ra 3 diém 4,B,0 thudc duong tron duong kinh 40 (1)

AACO vudng tai C (vi AC la tiép tuyén)

Suy ra 3 diém 4,C,0 thudc duong tron duong kinh 40 (2)

Tir (1) va (2) suy ra tir gi\c ABOC ndi tiép dudng tron duong kinh A0 .
Tacd AB = AC (tinh chat hai tiép tuyén cit nhau) va OB=0C =R .
Suy ra OA4 1a trung truc cia BC nén AO L BC.

* Chiing minh tuong tu ta dugc cac tir gisc ABOH,AOCH ndi tiép duong tron duong kinh 40 .



Tacé BAO = CAO (tinh chét hai tiép tuyén cit nhau)
BAO = BHO (cing chan cung BO)
CAO = CHO (cung chén cung CO)
Do d6 BHO = CHO..
Vay HO 1a phan gidc BHC .
* Xét ACDO vi AACO ¢6 O chung va CDO = OCA =90° .
Nén ACDO «» AACO (gbéc — gbc)
CO DO

Do dé — === hay 40-DO=0C*=R*>  (3)
A0 CO

Xét AIDO va AAHO c6 O chung va ODI = OHA = 90°
Nén AIDO «» AAHO (gbc — gbc)

Do do £=@ hay 10-HO = AO-DO @)
AO HO

Tir (3) va (4) suy ra 10-HO = R*

¢) Ap dung dinh Iy Pythagore cho AABO vudng tai B:

AB =+ A0* —BO* =\4AR>—R* =R\3

Ta cod sinl;470=Q=£=l suy ra BAO =30°.
AO 2R 2

Xét AABD vudng tai D:

R\3

BD = AB-sin BAD =1eﬁ-sinso°=T

AD=AB-cosB/ﬂ)=Rx/§-cos30°=R\/§g=%

Xét AAOH vudng tai H : AH =~ 40% —OH? =J4R? —x*

R® R
Tacé I0.HO=R* suyra [0 =——="—
HO x
Vi AIDO «» AAHO (go6c — goc) nén
R’ 22
D 10 10-40 5 VAR pfapr 2
——=——suyra ID = = =
AH AO AO 2R 2x
[ip2 .2 R(x 3+\/4R2—x2)
Do d6 BI:BD+ID:R;/§+R 41; 2 5
X X

Vay dién tich A4BI 1a

R(x/3+V4R? —x? 3R? [ x/3 +V4R? - x?
1 1 3R
—BI-AD=— o= .
2 2 2x 2 8x

®
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Bai 1.
a) Lap bang gia tri: (P)
x 4 2 0 2 4
= ﬁ 4 1 0 1 4 §
y 7 ;
Do thi (P) dugc vé nhu hinh. —
2 N N 4 x
b) Vidiém M c6 tung d6 bang 2 lan hoanh do

nén toa do diém M c6 dang: M (x; 2x).
2
Ma diém M thudc (P) nén thay toa do vao y = x? , ta duoc:
2

=2

2

T—2x =0

x =0 (loai) hoac x=8

Vay M (8;16).
Bai 2.
a) Vi a-c=4-(-3)=-12<0 nén phuong trinh c6 hai nghiém phan biét.
b) Theo dinh li Viéte, ta co: x; +x, =_—b=_—12=—3 vVa X - X, _e 3

a a 4

A=x2 +x3 = (35 +2, ) ~32, (o +x,) = (=3) —3.‘73.(—3) =$
Bai 3.
a) Tong sb hoc sinh tham gia 1a: 24+30+36+30 =120 hoc sinh.

36 3

Xac suét dé hoc sinh duoc chon thudc khéi 8 1a: P=—=—.
120 10

b) S6 hoc sinh tham gia Cau lac bd STEM trung binh ctia mdi khdi 16p: 120:4 =30 hoc sinh

Ti 1€ hoc sinh tiép tuc tham gia Cau lac bo STEM cua truong trung hoc co s¢ X dua trén cude khao sat

la: 78 =0,65.
120

S6 hoc sinh dugc du doan sé tiép tuc tham gia Cau lac b STEM cua truong trung hoc co s¢ Y trong
nam hoc tdi 1a 100-0,65 = 65 hoc sinh.
Bai 4.
a) Chiéu cao cia hinhtrula 2-:3=6 m
Dién tich toan phan cua silo 1a
2arh+xr* +arl =27-3-6+7-3 +7-3-5=607 ~188,5 m’
b) Thé tich hinh tru 13: V = zr°h = 7.3%.6 = 547 m°

Chiéu cao cua hinh nén 1a: V5> =32 =4 m

Thé tich nén 1a: %7[}”2}1 :%5-32 4=127r m’



Nén thé tich cta silo 13: 547 +127 = 667 ~ 207,3 m?
S6 lwong ngii cde co thé chira trong silo 1a: 667 -650 = 429007 ~134774,3 kg
Bai 5.
a) Chiéu dai ctia khu diéu hanh la: 40— x-9=31-x (m)
Chiéu rong cua khu diéu hanh la: 30— x (m)
Dién tich ciia khu diéu hanh 1a: (31-x)(30-x) (m?)
b) Dién tich ctia khu vuc dé xe la: 1200-(31-x)(30-x) = —x? +61x+270 m?
Ta c6 phuong trinh —x? +61x+270 =1180
—x*+61x-910=0
Giai ra ta dugc x; =26 va x, =35
Theo cac s6 liéu nhu hinh v& thi x <30, nén nhin x =26
Vay x=26.
Bai 6.
a) Goi s6 binh loai 750 mlla a (chiéc) (aeN")
Khi d6 s6 binh loai 500 ml1a a+30 (chiéc)
Vi tong s6 binh 14 150 nén a + (a + 30) =150 suyra a =60.
Vay s6 binh loai 750 ml 1a 60 (chiéc)
S6 binh loai 500 mlla 60+30=90 (chiéc).
b) Goi x (dong) la gia ban mot binh loai 500 ml.
y (ddng) 1a gia ban mot binh loai 750 ml. (Piéu kién x>0, y>0)
Vi gia binh 750 ml cao hon binh 500 ml la 30 000 dong nén ta c6 phuong trinh
y—x=30000 (1)
Do ban dugc 90 binh loai 500 ml; 60 binh loai 750 ml va tong sé tién thu dwoc 1a 22 500 000 dong
nén ta c6 phuong trinh
90x+60y =22500000  (2)

. . . . —x+y =30000
Tu (1) va (2) ta c6 h¢ phuong trinh:

90x + 60y =22500000
Giai h¢ phuong trinh trén ta dugc {x =138000 (nhan).
y=168000

Viy s6 tién mua loai 500 ml 1 138 000 dong va loai 750 ml 1a 168 000 dong.
Bai 7. C
a) * Xét AOHB vudng tai Onén O,H,B thudc duong tron

duong kinh HB (1)

Tacod AEB =90° (g6c noi tiép chin nira dudng tron)

Nén AHEB vubng tai E .

Suyra H,E,B thudc duong tron duong kinh HB (2) A 08 ! B
Tir (1) va (2) suy ra tir gisc OHEB 1a tir giac noi tiép dudng

tron duong kinh HB . H

* Ta co sd 1/42’ =sd (/,’E’ =90° (vi hai duong kinh vuoéng goc K E
v6i nhau)

D



Nén AEC = CEB suy ra EI la phan gidc cua AEB do do % = BE

Vay IB.AE = IA.BE . AE
b) * Ta co sd AD=sdCB =90° (vi hai duong kinh vudéng goc véi nhau)

Nén CAI = ACH — (3)

Taco CIO =180°—CIB = 180°—(180°—I/C1\5’—C/’B\I) =ICB+CBI

—LsaBE+Lsadc =L saBEvase

2 2 2

L= 1 — 1 —~ 1 —~
Ma CAH=5S5CB+E sdBE=45°+E sd BE

Nén CIO=CAH  (4)
Tir (3) va (4) suy ra AAIC o ACAH (gbe — goc)
* Xét AAOH va AAEB ¢6 A chung va AOH = AEB = 90°
Nén AAOH « AAEB (goc — gbc)
OH  OH _EB

AO
Suyra — =—— hay —=—
AE EB AO AE

Ma 1B = BE (cmt)
1A AE
R
2 1

H IB
0 0—=—=—=—:>OH=10A=10D

AO 14 3R 3 3 3

2

Mit khac trong AADB c6 OD la dudng trung tuyén.
Nén H latrong tam A4ADB .
Suy ra AH cat BD tai trung diém cua BD . 5)
Trong AODB céantai O (vi OB=0D=R)
C6 OK 1a dudng cao dong thoi ciing 14 trung tuyén.
Nén K 1a trung diém ctia BD . (6)
Tir (5) va (6) suy ra A4, H,K thiang hang.

Do &

¢) *Taco AC=CO*+A0* =JR*+R* =R\2
AC Al

Vi AAIC » ACAH nén — == hay AI.CH = AC*> =2R?
CH AC

Nén dién tich tr giac ACIH 1a %AI.CH = %2R2 =R’

* Xét AIBE va AICA co

CIA = BIE (déi dinh)

IEB = CAI (hai gbc ndi tiép cung chian cung CB)
Nén AIBE «» AICA (goc — gbc)

BE IB CA-IB
Suyra—=l— ay BE = .

C IC
2
Ta lai c6 IC =\ CO?* +0I* = /R2+%R2 =,/% =R—f

R
Ccam R R
IC RS 5

2

Vay BE




